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This work
Information Design for Networks
I Agents in a network take (binary) actions. Two key ingredients:

I Actions exhibit local strategic complementarities
I Uncertain state of the world impacts payoffs

ui(ai, a−i) = ai(T +
∑
j

gijaj)

I Designer chooses a public signaling mechanism (S = g(T )) to
maximize expected activity (E[

∑
i ai])

Application: How to (publicly) signal product quality to influence
purchase decisions?
I Higher payoff from consuming the same product as peers
I Disutility from consuming low quality product
I Objective: maximize sales
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Research questions

Information Design for Networks

I What are the optimal information structures?

I How do they depend on the network structure?

I Persuasion when only limited network information is available?

I Which networks are more amenable to persuasion?
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Main contributions

Optimal public signals characterized in terms of graph cores

I Set of possible signal realizations = set of distinct cores

I When the signal realization is k, the k-core takes action 1

Optimal mechanism exhibits a double-interval structure:

I A convex programming formulation + an algorithm to construct
the optimal mechanism

I Applicable (well) beyond network persuasion settings See C. and
Strack (2022).

Asymptotically optimal mechanisms for large random networks

Degree assortativity makes networks more amenable to persuasion
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Outline

1. Model and structure of optimal mechanisms

2. Large random networks

3. Impact of the network structure

4. Conclusions
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Model

Unweighted social network G = (V,E) w/ adjacency matrix [gij ]i,j∈V

Each agent i ∈ V takes a binary action ai ∈ {0, 1}. Payoff:

ui(ai, a−i) = ai(T +
∑
j

gijaj)

I T ∼ F is the state of the world. It belongs to interval T ⊂ R
I F is continuous and strictly increasing on T

I Agents do not observe T prior to taking action.

Designer commits to a public signaling mechanism that shares an
informative signal S with all agents, once T realized

I Objective: maximize total activity E[
∑
i ai]

Research question: Optimal public signaling mechanism?
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Sender-preferred equilibria

I If multiple eq., focus on the sender-preferred (SP) one

I Signal realization S = s induces a supermodular game with
payoffs: ūi(ai, a−i) = ai

(
E[T |S = s] +

∑
j gijaj

)
I Largest equilibrium: k-core, with k = d−E[T |S = s]e

I k-core: maximal induced subgraph where all nodes have
degree ≥ k

I Lemma: In a (SP) eq. for any signal realization, a core of the
network takes action 1.

I Corollary: In an optimal mechanism, signal realizations = cores,
and for signal realization k, the k-core finds it optimal to take
action 1.
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payoffs: ūi(ai, a−i) = ai

(
E[T |S = s] +

∑
j gijaj

)
I Largest equilibrium: k-core, with k = d−E[T |S = s]e

I k-core: maximal induced subgraph where all nodes have
degree ≥ k

I Lemma: In a (SP) eq. for any signal realization, a core of the
network takes action 1.

I Corollary: In an optimal mechanism, signal realizations = cores,
and for signal realization k, the k-core finds it optimal to take
action 1.

8



Sender-preferred equilibria

I If multiple eq., focus on the sender-preferred (SP) one

I Signal realization S = s induces a supermodular game with
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Designing optimal public mechanisms

To obtain an optimal mechanism partition T such that each partition
element corresponds to a core

An optimization
formulation:

max
partitions

∑
k

P(T ∈ Partitionk)rk

s.t. E[T |T ∈ Partitionk] ≥ −k, ∀k

Notation: rk denotes the cardinality of the k-core.

Fundamental difficulty: The set of all possible partitions is large
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Idea: Formulation over posterior mean distributions

We can pose the designer’s problem as an optimization problem over
posterior mean distributions consistent with the prior.

I G is a valid posterior mean distribution iff∫ ∞
ω

G(z)dz ≥
∫ ∞
ω

F (z)dz, (MPC)

with equality at the smallest point in the support.

I It suffices to restrict attention to discrete distributions where #
mass points = # of distinct cores.
I A restatement (zk = mkpk):

∑
k≤`

zk ≤
∫ 1

1−
∑
k≤` pk

F−1(x)dx
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A two step approach

I Solve the convex program:

max
{pk,zk}k∈S

∑
k∈S

pkrk

s.t.
∑
k≤`

zk ≤
∫ 1

1−
∑
k≤` pk

F−1(x)dx

− kpk ≤ zk for all k ∈ S,∑
k∈S

pk = 1,

pk ≥ 0 for all k ∈ S.

I Construct a mechanism π? consistent w/ an optimal solution
{p?k, z?k}. π? is optimal.

I p?k = P(S = k), z
?
k

p?k
= E[T |S = k] where S is the signal of π?.
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Optimality of Double Intervals
Theorem: Optimal mechanism admits a double interval structure, and
can be obtained using the convex program and a recursive algorithm.

k=4

k=31

k=12

k=21

k=33

k=43
k=48

I Optimal mechanism for a Facebook subnetwork w/ 4039 nodes

12



Intuition

Why not > 2 intervals for some signal realizations?

I Start with > 2 intervals for some signal realization.

I Possible to modify the partition in a way that yields 2 intervals
and preserves
I the probability of sending each signal
I and the associated posterior means.

I This reasoning does not work for the initial partition:

T :
<latexit sha1_base64="7/KaddBf/44xHa4jUcmCDlwoKjY=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUDwVvXis0C9sQ9lsN+3SzSbsToQS+i+8eFDEq//Gm//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUMnGqGW+yWMa6E1DDpVC8iQIl7ySa0yiQvB2M72Z++4lrI2LVwEnC/YgOlQgFo2ilx6zHqCSNKbnplytu1Z2DrBIvJxXIUe+Xv3qDmKURV8gkNabruQn6GdUomOTTUi81PKFsTIe8a6miETd+Nr94Ss6sMiBhrG0pJHP190RGI2MmUWA7I4ojs+zNxP+8borhtZ8JlaTIFVssClNJMCaz98lAaM5QTiyhTAt7K2EjqilDG1LJhuAtv7xKWhdVz616D5eV2m0eRxFO4BTOwYMrqME91KEJDBQ8wyu8OcZ5cd6dj0VrwclnjuEPnM8flieQMA==</latexit><latexit sha1_base64="7/KaddBf/44xHa4jUcmCDlwoKjY=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUDwVvXis0C9sQ9lsN+3SzSbsToQS+i+8eFDEq//Gm//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUMnGqGW+yWMa6E1DDpVC8iQIl7ySa0yiQvB2M72Z++4lrI2LVwEnC/YgOlQgFo2ilx6zHqCSNKbnplytu1Z2DrBIvJxXIUe+Xv3qDmKURV8gkNabruQn6GdUomOTTUi81PKFsTIe8a6miETd+Nr94Ss6sMiBhrG0pJHP190RGI2MmUWA7I4ojs+zNxP+8borhtZ8JlaTIFVssClNJMCaz98lAaM5QTiyhTAt7K2EjqilDG1LJhuAtv7xKWhdVz616D5eV2m0eRxFO4BTOwYMrqME91KEJDBQ8wyu8OcZ5cd6dj0VrwclnjuEPnM8flieQMA==</latexit><latexit sha1_base64="7/KaddBf/44xHa4jUcmCDlwoKjY=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUDwVvXis0C9sQ9lsN+3SzSbsToQS+i+8eFDEq//Gm//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUMnGqGW+yWMa6E1DDpVC8iQIl7ySa0yiQvB2M72Z++4lrI2LVwEnC/YgOlQgFo2ilx6zHqCSNKbnplytu1Z2DrBIvJxXIUe+Xv3qDmKURV8gkNabruQn6GdUomOTTUi81PKFsTIe8a6miETd+Nr94Ss6sMiBhrG0pJHP190RGI2MmUWA7I4ojs+zNxP+8borhtZ8JlaTIFVssClNJMCaz98lAaM5QTiyhTAt7K2EjqilDG1LJhuAtv7xKWhdVz616D5eV2m0eRxFO4BTOwYMrqME91KEJDBQ8wyu8OcZ5cd6dj0VrwclnjuEPnM8flieQMA==</latexit><latexit sha1_base64="7/KaddBf/44xHa4jUcmCDlwoKjY=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUDwVvXis0C9sQ9lsN+3SzSbsToQS+i+8eFDEq//Gm//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUMnGqGW+yWMa6E1DDpVC8iQIl7ySa0yiQvB2M72Z++4lrI2LVwEnC/YgOlQgFo2ilx6zHqCSNKbnplytu1Z2DrBIvJxXIUe+Xv3qDmKURV8gkNabruQn6GdUomOTTUi81PKFsTIe8a6miETd+Nr94Ss6sMiBhrG0pJHP190RGI2MmUWA7I4ojs+zNxP+8borhtZ8JlaTIFVssClNJMCaz98lAaM5QTiyhTAt7K2EjqilDG1LJhuAtv7xKWhdVz616D5eV2m0eRxFO4BTOwYMrqME91KEJDBQ8wyu8OcZ5cd6dj0VrwclnjuEPnM8flieQMA==</latexit>

I A technical lemma rules out the optimality of such partitions.
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I A technical lemma rules out the optimality of such partitions.
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Intuition

Why not > 2 intervals for some signal realizations?

I Start with > 2 intervals for some signal realization.

I Possible to modify the partition in a way that yields 2 intervals
and preserves
I the probability of sending each signal
I and the associated posterior means.

I This reasoning does not work for the initial partition:

T :
<latexit sha1_base64="7/KaddBf/44xHa4jUcmCDlwoKjY=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUDwVvXis0C9sQ9lsN+3SzSbsToQS+i+8eFDEq//Gm//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUMnGqGW+yWMa6E1DDpVC8iQIl7ySa0yiQvB2M72Z++4lrI2LVwEnC/YgOlQgFo2ilx6zHqCSNKbnplytu1Z2DrBIvJxXIUe+Xv3qDmKURV8gkNabruQn6GdUomOTTUi81PKFsTIe8a6miETd+Nr94Ss6sMiBhrG0pJHP190RGI2MmUWA7I4ojs+zNxP+8borhtZ8JlaTIFVssClNJMCaz98lAaM5QTiyhTAt7K2EjqilDG1LJhuAtv7xKWhdVz616D5eV2m0eRxFO4BTOwYMrqME91KEJDBQ8wyu8OcZ5cd6dj0VrwclnjuEPnM8flieQMA==</latexit><latexit sha1_base64="7/KaddBf/44xHa4jUcmCDlwoKjY=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUDwVvXis0C9sQ9lsN+3SzSbsToQS+i+8eFDEq//Gm//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUMnGqGW+yWMa6E1DDpVC8iQIl7ySa0yiQvB2M72Z++4lrI2LVwEnC/YgOlQgFo2ilx6zHqCSNKbnplytu1Z2DrBIvJxXIUe+Xv3qDmKURV8gkNabruQn6GdUomOTTUi81PKFsTIe8a6miETd+Nr94Ss6sMiBhrG0pJHP190RGI2MmUWA7I4ojs+zNxP+8borhtZ8JlaTIFVssClNJMCaz98lAaM5QTiyhTAt7K2EjqilDG1LJhuAtv7xKWhdVz616D5eV2m0eRxFO4BTOwYMrqME91KEJDBQ8wyu8OcZ5cd6dj0VrwclnjuEPnM8flieQMA==</latexit><latexit sha1_base64="7/KaddBf/44xHa4jUcmCDlwoKjY=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUDwVvXis0C9sQ9lsN+3SzSbsToQS+i+8eFDEq//Gm//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUMnGqGW+yWMa6E1DDpVC8iQIl7ySa0yiQvB2M72Z++4lrI2LVwEnC/YgOlQgFo2ilx6zHqCSNKbnplytu1Z2DrBIvJxXIUe+Xv3qDmKURV8gkNabruQn6GdUomOTTUi81PKFsTIe8a6miETd+Nr94Ss6sMiBhrG0pJHP190RGI2MmUWA7I4ojs+zNxP+8borhtZ8JlaTIFVssClNJMCaz98lAaM5QTiyhTAt7K2EjqilDG1LJhuAtv7xKWhdVz616D5eV2m0eRxFO4BTOwYMrqME91KEJDBQ8wyu8OcZ5cd6dj0VrwclnjuEPnM8flieQMA==</latexit><latexit sha1_base64="7/KaddBf/44xHa4jUcmCDlwoKjY=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUDwVvXis0C9sQ9lsN+3SzSbsToQS+i+8eFDEq//Gm//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUMnGqGW+yWMa6E1DDpVC8iQIl7ySa0yiQvB2M72Z++4lrI2LVwEnC/YgOlQgFo2ilx6zHqCSNKbnplytu1Z2DrBIvJxXIUe+Xv3qDmKURV8gkNabruQn6GdUomOTTUi81PKFsTIe8a6miETd+Nr94Ss6sMiBhrG0pJHP190RGI2MmUWA7I4ojs+zNxP+8borhtZ8JlaTIFVssClNJMCaz98lAaM5QTiyhTAt7K2EjqilDG1LJhuAtv7xKWhdVz616D5eV2m0eRxFO4BTOwYMrqME91KEJDBQ8wyu8OcZ5cd6dj0VrwclnjuEPnM8flieQMA==</latexit>

I A technical lemma rules out the optimality of such partitions.
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Intuition

Why not > 2 intervals for some signal realizations?

I Start with > 2 intervals for some signal realization.

I Possible to modify the partition in a way that yields 2 intervals
and preserves
I the probability of sending each signal
I and the associated posterior means.

I This reasoning does not work for the initial partition:

T :
<latexit sha1_base64="7/KaddBf/44xHa4jUcmCDlwoKjY=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUDwVvXis0C9sQ9lsN+3SzSbsToQS+i+8eFDEq//Gm//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUMnGqGW+yWMa6E1DDpVC8iQIl7ySa0yiQvB2M72Z++4lrI2LVwEnC/YgOlQgFo2ilx6zHqCSNKbnplytu1Z2DrBIvJxXIUe+Xv3qDmKURV8gkNabruQn6GdUomOTTUi81PKFsTIe8a6miETd+Nr94Ss6sMiBhrG0pJHP190RGI2MmUWA7I4ojs+zNxP+8borhtZ8JlaTIFVssClNJMCaz98lAaM5QTiyhTAt7K2EjqilDG1LJhuAtv7xKWhdVz616D5eV2m0eRxFO4BTOwYMrqME91KEJDBQ8wyu8OcZ5cd6dj0VrwclnjuEPnM8flieQMA==</latexit><latexit sha1_base64="7/KaddBf/44xHa4jUcmCDlwoKjY=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUDwVvXis0C9sQ9lsN+3SzSbsToQS+i+8eFDEq//Gm//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUMnGqGW+yWMa6E1DDpVC8iQIl7ySa0yiQvB2M72Z++4lrI2LVwEnC/YgOlQgFo2ilx6zHqCSNKbnplytu1Z2DrBIvJxXIUe+Xv3qDmKURV8gkNabruQn6GdUomOTTUi81PKFsTIe8a6miETd+Nr94Ss6sMiBhrG0pJHP190RGI2MmUWA7I4ojs+zNxP+8borhtZ8JlaTIFVssClNJMCaz98lAaM5QTiyhTAt7K2EjqilDG1LJhuAtv7xKWhdVz616D5eV2m0eRxFO4BTOwYMrqME91KEJDBQ8wyu8OcZ5cd6dj0VrwclnjuEPnM8flieQMA==</latexit><latexit sha1_base64="7/KaddBf/44xHa4jUcmCDlwoKjY=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUDwVvXis0C9sQ9lsN+3SzSbsToQS+i+8eFDEq//Gm//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUMnGqGW+yWMa6E1DDpVC8iQIl7ySa0yiQvB2M72Z++4lrI2LVwEnC/YgOlQgFo2ilx6zHqCSNKbnplytu1Z2DrBIvJxXIUe+Xv3qDmKURV8gkNabruQn6GdUomOTTUi81PKFsTIe8a6miETd+Nr94Ss6sMiBhrG0pJHP190RGI2MmUWA7I4ojs+zNxP+8borhtZ8JlaTIFVssClNJMCaz98lAaM5QTiyhTAt7K2EjqilDG1LJhuAtv7xKWhdVz616D5eV2m0eRxFO4BTOwYMrqME91KEJDBQ8wyu8OcZ5cd6dj0VrwclnjuEPnM8flieQMA==</latexit><latexit sha1_base64="7/KaddBf/44xHa4jUcmCDlwoKjY=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUDwVvXis0C9sQ9lsN+3SzSbsToQS+i+8eFDEq//Gm//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUMnGqGW+yWMa6E1DDpVC8iQIl7ySa0yiQvB2M72Z++4lrI2LVwEnC/YgOlQgFo2ilx6zHqCSNKbnplytu1Z2DrBIvJxXIUe+Xv3qDmKURV8gkNabruQn6GdUomOTTUi81PKFsTIe8a6miETd+Nr94Ss6sMiBhrG0pJHP190RGI2MmUWA7I4ojs+zNxP+8borhtZ8JlaTIFVssClNJMCaz98lAaM5QTiyhTAt7K2EjqilDG1LJhuAtv7xKWhdVz616D5eV2m0eRxFO4BTOwYMrqME91KEJDBQ8wyu8OcZ5cd6dj0VrwclnjuEPnM8flieQMA==</latexit>

I A technical lemma rules out the optimality of such partitions.
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Intuition – II

Why not single interval for each signal realization?

r1
<latexit sha1_base64="s7NyjoigT495GTYW2giVAz2JTcE=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrddQww/PysFL13MtGA+Ma8lxvgW+CC1KFAq1h5WMwimkaMWmoIFr3sZcYPyPKcCrYvDxINUsInZIx61sqScS0ny2unaNzq4xQGCtb0qCF+nMiI5HWsyiwnRExE73q5eJ/Xj81YcPPuExSwyRdLgpTgUyM8tfRiCtGjZhZQqji9lZEJ0QRamxAeQh49eW/pFNzsefi23q1WS/iKMEpnMEFYLiCJtxAC9pA4R4e4RlenNh5cl6dt2XrmlPMnMAvOO9fH6COxg==</latexit><latexit sha1_base64="s7NyjoigT495GTYW2giVAz2JTcE=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrddQww/PysFL13MtGA+Ma8lxvgW+CC1KFAq1h5WMwimkaMWmoIFr3sZcYPyPKcCrYvDxINUsInZIx61sqScS0ny2unaNzq4xQGCtb0qCF+nMiI5HWsyiwnRExE73q5eJ/Xj81YcPPuExSwyRdLgpTgUyM8tfRiCtGjZhZQqji9lZEJ0QRamxAeQh49eW/pFNzsefi23q1WS/iKMEpnMEFYLiCJtxAC9pA4R4e4RlenNh5cl6dt2XrmlPMnMAvOO9fH6COxg==</latexit><latexit sha1_base64="s7NyjoigT495GTYW2giVAz2JTcE=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrddQww/PysFL13MtGA+Ma8lxvgW+CC1KFAq1h5WMwimkaMWmoIFr3sZcYPyPKcCrYvDxINUsInZIx61sqScS0ny2unaNzq4xQGCtb0qCF+nMiI5HWsyiwnRExE73q5eJ/Xj81YcPPuExSwyRdLgpTgUyM8tfRiCtGjZhZQqji9lZEJ0QRamxAeQh49eW/pFNzsefi23q1WS/iKMEpnMEFYLiCJtxAC9pA4R4e4RlenNh5cl6dt2XrmlPMnMAvOO9fH6COxg==</latexit><latexit sha1_base64="s7NyjoigT495GTYW2giVAz2JTcE=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrddQww/PysFL13MtGA+Ma8lxvgW+CC1KFAq1h5WMwimkaMWmoIFr3sZcYPyPKcCrYvDxINUsInZIx61sqScS0ny2unaNzq4xQGCtb0qCF+nMiI5HWsyiwnRExE73q5eJ/Xj81YcPPuExSwyRdLgpTgUyM8tfRiCtGjZhZQqji9lZEJ0QRamxAeQh49eW/pFNzsefi23q1WS/iKMEpnMEFYLiCJtxAC9pA4R4e4RlenNh5cl6dt2XrmlPMnMAvOO9fH6COxg==</latexit>

r2
<latexit sha1_base64="AMpvGkd2qobQOqFT12PLf4Ha8gw=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8hWwp2mPBi8cK9gPaUDbbTbt2sxt2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJpxp4/ufztr6xubWdmmnvLu3f3BYOTruaJkqQttEcql6IdaUM0HbhhlOe4miOA457YbT69zvPlClmRR3ZpbQIMZjwSJGsLFSRw2z2rw8rFR977LRQKjm+p6/wDdBBalCgdaw8jEYSZLGVBjCsdZ95CcmyLAyjHA6Lw9STRNMpnhM+5YKHFMdZItr5+65VUZuJJUtYdyF+nMiw7HWszi0nTE2E73q5eJ/Xj81USPImEhSQwVZLopS7hrp5q+7I6YoMXxmCSaK2VtdMsEKE2MDykNAqy//JZ2ah3wP3darzXoRRwlO4QwuAMEVNOEGWtAGAvfwCM/w4kjnyXl13pata04xcwK/4Lx/ASEmjsc=</latexit><latexit sha1_base64="AMpvGkd2qobQOqFT12PLf4Ha8gw=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8hWwp2mPBi8cK9gPaUDbbTbt2sxt2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJpxp4/ufztr6xubWdmmnvLu3f3BYOTruaJkqQttEcql6IdaUM0HbhhlOe4miOA457YbT69zvPlClmRR3ZpbQIMZjwSJGsLFSRw2z2rw8rFR977LRQKjm+p6/wDdBBalCgdaw8jEYSZLGVBjCsdZ95CcmyLAyjHA6Lw9STRNMpnhM+5YKHFMdZItr5+65VUZuJJUtYdyF+nMiw7HWszi0nTE2E73q5eJ/Xj81USPImEhSQwVZLopS7hrp5q+7I6YoMXxmCSaK2VtdMsEKE2MDykNAqy//JZ2ah3wP3darzXoRRwlO4QwuAMEVNOEGWtAGAvfwCM/w4kjnyXl13pata04xcwK/4Lx/ASEmjsc=</latexit><latexit sha1_base64="AMpvGkd2qobQOqFT12PLf4Ha8gw=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8hWwp2mPBi8cK9gPaUDbbTbt2sxt2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJpxp4/ufztr6xubWdmmnvLu3f3BYOTruaJkqQttEcql6IdaUM0HbhhlOe4miOA457YbT69zvPlClmRR3ZpbQIMZjwSJGsLFSRw2z2rw8rFR977LRQKjm+p6/wDdBBalCgdaw8jEYSZLGVBjCsdZ95CcmyLAyjHA6Lw9STRNMpnhM+5YKHFMdZItr5+65VUZuJJUtYdyF+nMiw7HWszi0nTE2E73q5eJ/Xj81USPImEhSQwVZLopS7hrp5q+7I6YoMXxmCSaK2VtdMsEKE2MDykNAqy//JZ2ah3wP3darzXoRRwlO4QwuAMEVNOEGWtAGAvfwCM/w4kjnyXl13pata04xcwK/4Lx/ASEmjsc=</latexit><latexit sha1_base64="AMpvGkd2qobQOqFT12PLf4Ha8gw=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8hWwp2mPBi8cK9gPaUDbbTbt2sxt2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJpxp4/ufztr6xubWdmmnvLu3f3BYOTruaJkqQttEcql6IdaUM0HbhhlOe4miOA457YbT69zvPlClmRR3ZpbQIMZjwSJGsLFSRw2z2rw8rFR977LRQKjm+p6/wDdBBalCgdaw8jEYSZLGVBjCsdZ95CcmyLAyjHA6Lw9STRNMpnhM+5YKHFMdZItr5+65VUZuJJUtYdyF+nMiw7HWszi0nTE2E73q5eJ/Xj81USPImEhSQwVZLopS7hrp5q+7I6YoMXxmCSaK2VtdMsEKE2MDykNAqy//JZ2ah3wP3darzXoRRwlO4QwuAMEVNOEGWtAGAvfwCM/w4kjnyXl13pata04xcwK/4Lx/ASEmjsc=</latexit>

b0
<latexit sha1_base64="TUh965MXrTPlLVgNE+DZdP5qVug=">AAAB7XicbVDLSgMxFM34rPVVdekmWARXQ1KKdllw47KCfUA7lEyaaWMzyZBkhDL0H9y4UMSt/+POvzHTDqjVAxcO59zLvfeEieDGIvTpra1vbG5tl3bKu3v7B4eVo+OOUammrE2VULoXEsMEl6xtuRWsl2hG4lCwbji9zv3uA9OGK3lnZwkLYjKWPOKUWCd1wmGG5uVhpYr8y0YD4xpEPlrgm+CCVEGB1rDyMRgpmsZMWiqIMX2MEhtkRFtOBZuXB6lhCaFTMmZ9RyWJmQmyxbVzeO6UEYyUdiUtXKg/JzISGzOLQ9cZEzsxq14u/uf1Uxs1gozLJLVM0uWiKBXQKpi/DkdcM2rFzBFCNXe3QjohmlDrAspDwKsv/yWdmo+Rj2/r1Wa9iKMETsEZuAAYXIEmuAEt0AYU3INH8AxePOU9ea/e27J1zStmTsAveO9fBYqOtQ==</latexit><latexit sha1_base64="TUh965MXrTPlLVgNE+DZdP5qVug=">AAAB7XicbVDLSgMxFM34rPVVdekmWARXQ1KKdllw47KCfUA7lEyaaWMzyZBkhDL0H9y4UMSt/+POvzHTDqjVAxcO59zLvfeEieDGIvTpra1vbG5tl3bKu3v7B4eVo+OOUammrE2VULoXEsMEl6xtuRWsl2hG4lCwbji9zv3uA9OGK3lnZwkLYjKWPOKUWCd1wmGG5uVhpYr8y0YD4xpEPlrgm+CCVEGB1rDyMRgpmsZMWiqIMX2MEhtkRFtOBZuXB6lhCaFTMmZ9RyWJmQmyxbVzeO6UEYyUdiUtXKg/JzISGzOLQ9cZEzsxq14u/uf1Uxs1gozLJLVM0uWiKBXQKpi/DkdcM2rFzBFCNXe3QjohmlDrAspDwKsv/yWdmo+Rj2/r1Wa9iKMETsEZuAAYXIEmuAEt0AYU3INH8AxePOU9ea/e27J1zStmTsAveO9fBYqOtQ==</latexit><latexit sha1_base64="TUh965MXrTPlLVgNE+DZdP5qVug=">AAAB7XicbVDLSgMxFM34rPVVdekmWARXQ1KKdllw47KCfUA7lEyaaWMzyZBkhDL0H9y4UMSt/+POvzHTDqjVAxcO59zLvfeEieDGIvTpra1vbG5tl3bKu3v7B4eVo+OOUammrE2VULoXEsMEl6xtuRWsl2hG4lCwbji9zv3uA9OGK3lnZwkLYjKWPOKUWCd1wmGG5uVhpYr8y0YD4xpEPlrgm+CCVEGB1rDyMRgpmsZMWiqIMX2MEhtkRFtOBZuXB6lhCaFTMmZ9RyWJmQmyxbVzeO6UEYyUdiUtXKg/JzISGzOLQ9cZEzsxq14u/uf1Uxs1gozLJLVM0uWiKBXQKpi/DkdcM2rFzBFCNXe3QjohmlDrAspDwKsv/yWdmo+Rj2/r1Wa9iKMETsEZuAAYXIEmuAEt0AYU3INH8AxePOU9ea/e27J1zStmTsAveO9fBYqOtQ==</latexit><latexit sha1_base64="TUh965MXrTPlLVgNE+DZdP5qVug=">AAAB7XicbVDLSgMxFM34rPVVdekmWARXQ1KKdllw47KCfUA7lEyaaWMzyZBkhDL0H9y4UMSt/+POvzHTDqjVAxcO59zLvfeEieDGIvTpra1vbG5tl3bKu3v7B4eVo+OOUammrE2VULoXEsMEl6xtuRWsl2hG4lCwbji9zv3uA9OGK3lnZwkLYjKWPOKUWCd1wmGG5uVhpYr8y0YD4xpEPlrgm+CCVEGB1rDyMRgpmsZMWiqIMX2MEhtkRFtOBZuXB6lhCaFTMmZ9RyWJmQmyxbVzeO6UEYyUdiUtXKg/JzISGzOLQ9cZEzsxq14u/uf1Uxs1gozLJLVM0uWiKBXQKpi/DkdcM2rFzBFCNXe3QjohmlDrAspDwKsv/yWdmo+Rj2/r1Wa9iKMETsEZuAAYXIEmuAEt0AYU3INH8AxePOU9ea/e27J1zStmTsAveO9fBYqOtQ==</latexit>

b1
<latexit sha1_base64="vEpB8MzNnfAqh0T16gJWm+jwMjg=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrdYJhhuflYaXquZeNBsY15LneAt8EF6QKBVrDysdgFNM0YtJQQbTuYy8xfkaU4VSweXmQapYQOiVj1rdUkohpP1tcO0fnVhmhMFa2pEEL9edERiKtZ1FgOyNiJnrVy8X/vH5qwoafcZmkhkm6XBSmApkY5a+jEVeMGjGzhFDF7a2ITogi1NiA8hDw6st/SafmYs/Ft/Vqs17EUYJTOIMLwHAFTbiBFrSBwj08wjO8OLHz5Lw6b8vWNaeYOYFfcN6/AAcQjrY=</latexit><latexit sha1_base64="vEpB8MzNnfAqh0T16gJWm+jwMjg=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrdYJhhuflYaXquZeNBsY15LneAt8EF6QKBVrDysdgFNM0YtJQQbTuYy8xfkaU4VSweXmQapYQOiVj1rdUkohpP1tcO0fnVhmhMFa2pEEL9edERiKtZ1FgOyNiJnrVy8X/vH5qwoafcZmkhkm6XBSmApkY5a+jEVeMGjGzhFDF7a2ITogi1NiA8hDw6st/SafmYs/Ft/Vqs17EUYJTOIMLwHAFTbiBFrSBwj08wjO8OLHz5Lw6b8vWNaeYOYFfcN6/AAcQjrY=</latexit><latexit sha1_base64="vEpB8MzNnfAqh0T16gJWm+jwMjg=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrdYJhhuflYaXquZeNBsY15LneAt8EF6QKBVrDysdgFNM0YtJQQbTuYy8xfkaU4VSweXmQapYQOiVj1rdUkohpP1tcO0fnVhmhMFa2pEEL9edERiKtZ1FgOyNiJnrVy8X/vH5qwoafcZmkhkm6XBSmApkY5a+jEVeMGjGzhFDF7a2ITogi1NiA8hDw6st/SafmYs/Ft/Vqs17EUYJTOIMLwHAFTbiBFrSBwj08wjO8OLHz5Lw6b8vWNaeYOYFfcN6/AAcQjrY=</latexit><latexit sha1_base64="vEpB8MzNnfAqh0T16gJWm+jwMjg=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrdYJhhuflYaXquZeNBsY15LneAt8EF6QKBVrDysdgFNM0YtJQQbTuYy8xfkaU4VSweXmQapYQOiVj1rdUkohpP1tcO0fnVhmhMFa2pEEL9edERiKtZ1FgOyNiJnrVy8X/vH5qwoafcZmkhkm6XBSmApkY5a+jEVeMGjGzhFDF7a2ITogi1NiA8hDw6st/SafmYs/Ft/Vqs17EUYJTOIMLwHAFTbiBFrSBwj08wjO8OLHz5Lw6b8vWNaeYOYFfcN6/AAcQjrY=</latexit>

b2
<latexit sha1_base64="zrwE+hqk6qhUmvaBVYiK2KFN2sc=">AAAB6nicbVBNSwMxEJ2tX7V+VT16CRbB07IppfZY8OKxov2AdinZNNuGZrNLkhXK0p/gxYMiXv1F3vw3pu2CWn0w8Hhvhpl5QSK4Np736RQ2Nre2d4q7pb39g8Oj8vFJR8epoqxNYxGrXkA0E1yytuFGsF6iGIkCwbrB9Hrhdx+Y0jyW92aWMD8iY8lDTomx0l0wrA7LFc+tNxoYV5Hnekt8E5yTCuRoDcsfg1FM04hJQwXRuo+9xPgZUYZTwealQapZQuiUjFnfUkkipv1seeocXVhlhMJY2ZIGLdWfExmJtJ5Fge2MiJnodW8h/uf1UxM2/IzLJDVM0tWiMBXIxGjxNxpxxagRM0sIVdzeiuiEKEKNTadkQ8DrL/8lnaqLPRff1irNWh5HEc7gHC4BwxU04QZa0AYKY3iEZ3hxhPPkvDpvq9aCk8+cwi84718OHY2X</latexit><latexit sha1_base64="zrwE+hqk6qhUmvaBVYiK2KFN2sc=">AAAB6nicbVBNSwMxEJ2tX7V+VT16CRbB07IppfZY8OKxov2AdinZNNuGZrNLkhXK0p/gxYMiXv1F3vw3pu2CWn0w8Hhvhpl5QSK4Np736RQ2Nre2d4q7pb39g8Oj8vFJR8epoqxNYxGrXkA0E1yytuFGsF6iGIkCwbrB9Hrhdx+Y0jyW92aWMD8iY8lDTomx0l0wrA7LFc+tNxoYV5Hnekt8E5yTCuRoDcsfg1FM04hJQwXRuo+9xPgZUYZTwealQapZQuiUjFnfUkkipv1seeocXVhlhMJY2ZIGLdWfExmJtJ5Fge2MiJnodW8h/uf1UxM2/IzLJDVM0tWiMBXIxGjxNxpxxagRM0sIVdzeiuiEKEKNTadkQ8DrL/8lnaqLPRff1irNWh5HEc7gHC4BwxU04QZa0AYKY3iEZ3hxhPPkvDpvq9aCk8+cwi84718OHY2X</latexit><latexit sha1_base64="zrwE+hqk6qhUmvaBVYiK2KFN2sc=">AAAB6nicbVBNSwMxEJ2tX7V+VT16CRbB07IppfZY8OKxov2AdinZNNuGZrNLkhXK0p/gxYMiXv1F3vw3pu2CWn0w8Hhvhpl5QSK4Np736RQ2Nre2d4q7pb39g8Oj8vFJR8epoqxNYxGrXkA0E1yytuFGsF6iGIkCwbrB9Hrhdx+Y0jyW92aWMD8iY8lDTomx0l0wrA7LFc+tNxoYV5Hnekt8E5yTCuRoDcsfg1FM04hJQwXRuo+9xPgZUYZTwealQapZQuiUjFnfUkkipv1seeocXVhlhMJY2ZIGLdWfExmJtJ5Fge2MiJnodW8h/uf1UxM2/IzLJDVM0tWiMBXIxGjxNxpxxagRM0sIVdzeiuiEKEKNTadkQ8DrL/8lnaqLPRff1irNWh5HEc7gHC4BwxU04QZa0AYKY3iEZ3hxhPPkvDpvq9aCk8+cwi84718OHY2X</latexit><latexit sha1_base64="zrwE+hqk6qhUmvaBVYiK2KFN2sc=">AAAB6nicbVBNSwMxEJ2tX7V+VT16CRbB07IppfZY8OKxov2AdinZNNuGZrNLkhXK0p/gxYMiXv1F3vw3pu2CWn0w8Hhvhpl5QSK4Np736RQ2Nre2d4q7pb39g8Oj8vFJR8epoqxNYxGrXkA0E1yytuFGsF6iGIkCwbrB9Hrhdx+Y0jyW92aWMD8iY8lDTomx0l0wrA7LFc+tNxoYV5Hnekt8E5yTCuRoDcsfg1FM04hJQwXRuo+9xPgZUYZTwealQapZQuiUjFnfUkkipv1seeocXVhlhMJY2ZIGLdWfExmJtJ5Fge2MiJnodW8h/uf1UxM2/IzLJDVM0tWiMBXIxGjxNxpxxagRM0sIVdzeiuiEKEKNTadkQ8DrL/8lnaqLPRff1irNWh5HEc7gHC4BwxU04QZa0AYKY3iEZ3hxhPPkvDpvq9aCk8+cwi84718OHY2X</latexit>

Posterior mean
<latexit sha1_base64="qZyj3x/yk3YYaQY+fFZA0AbfDpI=">AAAB/nicbVC7SgNBFJ2Nrxhfq2JlMxgEq7ArAS0DNpYRzAOSEGYnd5Mh81hmZsWwBPwVGwtFbP0OO//GSbKFJp7qcM693HNPlHBmbBB8e4W19Y3NreJ2aWd3b//APzxqGpVqCg2quNLtiBjgTELDMsuhnWggIuLQisY3M7/1ANowJe/tJIGeIEPJYkaJdVLfP+mKSD1mdWUsaKY0FkDktO+Xg0owB14lYU7KKEe97391B4qmAqSlnBjTCYPE9jKiLaMcpqVuaiAhdEyG0HFUEgGml83jT/G5UwY4dsdjJS2eq783MiKMmYjITQpiR2bZm4n/eZ3Uxte9jMkktSDp4lCccmwVnnWBB0wDtXziCKGauayYjogm1HVhSq6EcPnlVdK8rIRBJbyrlmvVvI4iOkVn6AKF6ArV0C2qowaiKEPP6BW9eU/ei/fufSxGC16+c4z+wPv8AdxclgE=</latexit><latexit sha1_base64="qZyj3x/yk3YYaQY+fFZA0AbfDpI=">AAAB/nicbVC7SgNBFJ2Nrxhfq2JlMxgEq7ArAS0DNpYRzAOSEGYnd5Mh81hmZsWwBPwVGwtFbP0OO//GSbKFJp7qcM693HNPlHBmbBB8e4W19Y3NreJ2aWd3b//APzxqGpVqCg2quNLtiBjgTELDMsuhnWggIuLQisY3M7/1ANowJe/tJIGeIEPJYkaJdVLfP+mKSD1mdWUsaKY0FkDktO+Xg0owB14lYU7KKEe97391B4qmAqSlnBjTCYPE9jKiLaMcpqVuaiAhdEyG0HFUEgGml83jT/G5UwY4dsdjJS2eq783MiKMmYjITQpiR2bZm4n/eZ3Uxte9jMkktSDp4lCccmwVnnWBB0wDtXziCKGauayYjogm1HVhSq6EcPnlVdK8rIRBJbyrlmvVvI4iOkVn6AKF6ArV0C2qowaiKEPP6BW9eU/ei/fufSxGC16+c4z+wPv8AdxclgE=</latexit><latexit sha1_base64="qZyj3x/yk3YYaQY+fFZA0AbfDpI=">AAAB/nicbVC7SgNBFJ2Nrxhfq2JlMxgEq7ArAS0DNpYRzAOSEGYnd5Mh81hmZsWwBPwVGwtFbP0OO//GSbKFJp7qcM693HNPlHBmbBB8e4W19Y3NreJ2aWd3b//APzxqGpVqCg2quNLtiBjgTELDMsuhnWggIuLQisY3M7/1ANowJe/tJIGeIEPJYkaJdVLfP+mKSD1mdWUsaKY0FkDktO+Xg0owB14lYU7KKEe97391B4qmAqSlnBjTCYPE9jKiLaMcpqVuaiAhdEyG0HFUEgGml83jT/G5UwY4dsdjJS2eq783MiKMmYjITQpiR2bZm4n/eZ3Uxte9jMkktSDp4lCccmwVnnWBB0wDtXziCKGauayYjogm1HVhSq6EcPnlVdK8rIRBJbyrlmvVvI4iOkVn6AKF6ArV0C2qowaiKEPP6BW9eU/ei/fufSxGC16+c4z+wPv8AdxclgE=</latexit><latexit sha1_base64="qZyj3x/yk3YYaQY+fFZA0AbfDpI=">AAAB/nicbVC7SgNBFJ2Nrxhfq2JlMxgEq7ArAS0DNpYRzAOSEGYnd5Mh81hmZsWwBPwVGwtFbP0OO//GSbKFJp7qcM693HNPlHBmbBB8e4W19Y3NreJ2aWd3b//APzxqGpVqCg2quNLtiBjgTELDMsuhnWggIuLQisY3M7/1ANowJe/tJIGeIEPJYkaJdVLfP+mKSD1mdWUsaKY0FkDktO+Xg0owB14lYU7KKEe97391B4qmAqSlnBjTCYPE9jKiLaMcpqVuaiAhdEyG0HFUEgGml83jT/G5UwY4dsdjJS2eq783MiKMmYjITQpiR2bZm4n/eZ3Uxte9jMkktSDp4lCccmwVnnWBB0wDtXziCKGauayYjogm1HVhSq6EcPnlVdK8rIRBJbyrlmvVvI4iOkVn6AKF6ArV0C2qowaiKEPP6BW9eU/ei/fufSxGC16+c4z+wPv8AdxclgE=</latexit>

R
ew

ar
d

<latexit sha1_base64="PdRp8QwnuDf4GUOOIvHOT4ugMcg=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgqexKQY8FLx6r2A9ol5LNzrahyWZNstWy9Hd48aCIV3+MN/+NabsHbX0w8Hhvhpl5QcKZNq777RTW1jc2t4rbpZ3dvf2D8uFRS8tUUWhSyaXqBEQDZzE0DTMcOokCIgIO7WB0PfPbY1CayfjeTBLwBRnELGKUGCv5PRHIp+wOHokKp/1yxa26c+BV4uWkgnI0+uWvXihpKiA2lBOtu56bGD8jyjDKYVrqpRoSQkdkAF1LYyJA+9n86Ck+s0qII6lsxQbP1d8TGRFaT0RgOwUxQ73szcT/vG5qois/Y3GSGojpYlGUcmwkniWAQ6aAGj6xhFDF7K2YDoki1NicSjYEb/nlVdK6qHpu1butVeq1PI4iOkGn6Bx56BLV0Q1qoCai6AE9o1f05oydF+fd+Vi0Fpx85hj9gfP5A0Qskl0=</latexit><latexit sha1_base64="PdRp8QwnuDf4GUOOIvHOT4ugMcg=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgqexKQY8FLx6r2A9ol5LNzrahyWZNstWy9Hd48aCIV3+MN/+NabsHbX0w8Hhvhpl5QcKZNq777RTW1jc2t4rbpZ3dvf2D8uFRS8tUUWhSyaXqBEQDZzE0DTMcOokCIgIO7WB0PfPbY1CayfjeTBLwBRnELGKUGCv5PRHIp+wOHokKp/1yxa26c+BV4uWkgnI0+uWvXihpKiA2lBOtu56bGD8jyjDKYVrqpRoSQkdkAF1LYyJA+9n86Ck+s0qII6lsxQbP1d8TGRFaT0RgOwUxQ73szcT/vG5qois/Y3GSGojpYlGUcmwkniWAQ6aAGj6xhFDF7K2YDoki1NicSjYEb/nlVdK6qHpu1butVeq1PI4iOkGn6Bx56BLV0Q1qoCai6AE9o1f05oydF+fd+Vi0Fpx85hj9gfP5A0Qskl0=</latexit><latexit sha1_base64="PdRp8QwnuDf4GUOOIvHOT4ugMcg=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgqexKQY8FLx6r2A9ol5LNzrahyWZNstWy9Hd48aCIV3+MN/+NabsHbX0w8Hhvhpl5QcKZNq777RTW1jc2t4rbpZ3dvf2D8uFRS8tUUWhSyaXqBEQDZzE0DTMcOokCIgIO7WB0PfPbY1CayfjeTBLwBRnELGKUGCv5PRHIp+wOHokKp/1yxa26c+BV4uWkgnI0+uWvXihpKiA2lBOtu56bGD8jyjDKYVrqpRoSQkdkAF1LYyJA+9n86Ck+s0qII6lsxQbP1d8TGRFaT0RgOwUxQ73szcT/vG5qois/Y3GSGojpYlGUcmwkniWAQ6aAGj6xhFDF7K2YDoki1NicSjYEb/nlVdK6qHpu1butVeq1PI4iOkGn6Bx56BLV0Q1qoCai6AE9o1f05oydF+fd+Vi0Fpx85hj9gfP5A0Qskl0=</latexit><latexit sha1_base64="PdRp8QwnuDf4GUOOIvHOT4ugMcg=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgqexKQY8FLx6r2A9ol5LNzrahyWZNstWy9Hd48aCIV3+MN/+NabsHbX0w8Hhvhpl5QcKZNq777RTW1jc2t4rbpZ3dvf2D8uFRS8tUUWhSyaXqBEQDZzE0DTMcOokCIgIO7WB0PfPbY1CayfjeTBLwBRnELGKUGCv5PRHIp+wOHokKp/1yxa26c+BV4uWkgnI0+uWvXihpKiA2lBOtu56bGD8jyjDKYVrqpRoSQkdkAF1LYyJA+9n86Ck+s0qII6lsxQbP1d8TGRFaT0RgOwUxQ73szcT/vG5qois/Y3GSGojpYlGUcmwkniWAQ6aAGj6xhFDF7K2YDoki1NicSjYEb/nlVdK6qHpu1butVeq1PI4iOkGn6Bx56BLV0Q1qoCai6AE9o1f05oydF+fd+Vi0Fpx85hj9gfP5A0Qskl0=</latexit>

r3
<latexit sha1_base64="/OK2YhvlX0FNt2ZP/124HX15zX8=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOnqYXMxLw3LFrV42GhjXkFt1F/gmOCcVyNEalj8GI0XjkElLBTGmj93IegnRllPB5qVBbFhE6JSMWT+lkoTMeMni2jk6S5URCpROS1q0UH9OJCQ0Zhb6aWdI7MSsepn4n9ePbdDwEi6j2DJJl4uCWCCrUPY6GnHNqBWzlBCqeXorohOiCbVpQFkIePXlv6RTq2K3im/rlWY9j6MIJ3AK54DhCppwAy1oA4V7eIRneHGU8+S8Om/L1oKTzxzDLzjvXyKsjsg=</latexit><latexit sha1_base64="/OK2YhvlX0FNt2ZP/124HX15zX8=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOnqYXMxLw3LFrV42GhjXkFt1F/gmOCcVyNEalj8GI0XjkElLBTGmj93IegnRllPB5qVBbFhE6JSMWT+lkoTMeMni2jk6S5URCpROS1q0UH9OJCQ0Zhb6aWdI7MSsepn4n9ePbdDwEi6j2DJJl4uCWCCrUPY6GnHNqBWzlBCqeXorohOiCbVpQFkIePXlv6RTq2K3im/rlWY9j6MIJ3AK54DhCppwAy1oA4V7eIRneHGU8+S8Om/L1oKTzxzDLzjvXyKsjsg=</latexit><latexit sha1_base64="/OK2YhvlX0FNt2ZP/124HX15zX8=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOnqYXMxLw3LFrV42GhjXkFt1F/gmOCcVyNEalj8GI0XjkElLBTGmj93IegnRllPB5qVBbFhE6JSMWT+lkoTMeMni2jk6S5URCpROS1q0UH9OJCQ0Zhb6aWdI7MSsepn4n9ePbdDwEi6j2DJJl4uCWCCrUPY6GnHNqBWzlBCqeXorohOiCbVpQFkIePXlv6RTq2K3im/rlWY9j6MIJ3AK54DhCppwAy1oA4V7eIRneHGU8+S8Om/L1oKTzxzDLzjvXyKsjsg=</latexit><latexit sha1_base64="/OK2YhvlX0FNt2ZP/124HX15zX8=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOnqYXMxLw3LFrV42GhjXkFt1F/gmOCcVyNEalj8GI0XjkElLBTGmj93IegnRllPB5qVBbFhE6JSMWT+lkoTMeMni2jk6S5URCpROS1q0UH9OJCQ0Zhb6aWdI7MSsepn4n9ePbdDwEi6j2DJJl4uCWCCrUPY6GnHNqBWzlBCqeXorohOiCbVpQFkIePXlv6RTq2K3im/rlWY9j6MIJ3AK54DhCppwAy1oA4V7eIRneHGU8+S8Om/L1oKTzxzDLzjvXyKsjsg=</latexit>

b3
<latexit sha1_base64="95rNFRszoVXivHMrJxlsjHVwyDg=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOv4wuZiXhuWKW71sNDCuIbfqLvBNcE4qkKM1LH8MRorGIZOWCmJMH7uR9RKiLaeCzUuD2LCI0CkZs35KJQmZ8ZLFtXN0liojFCidlrRoof6cSEhozCz0086Q2IlZ9TLxP68f26DhJVxGsWWSLhcFsUBWoex1NOKaUStmKSFU8/RWRCdEE2rTgLIQ8OrLf0mnVsVuFd/WK816HkcRTuAUzgHDFTThBlrQBgr38AjP8OIo58l5dd6WrQUnnzmGX3DevwAKHI64</latexit><latexit sha1_base64="95rNFRszoVXivHMrJxlsjHVwyDg=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOv4wuZiXhuWKW71sNDCuIbfqLvBNcE4qkKM1LH8MRorGIZOWCmJMH7uR9RKiLaeCzUuD2LCI0CkZs35KJQmZ8ZLFtXN0liojFCidlrRoof6cSEhozCz0086Q2IlZ9TLxP68f26DhJVxGsWWSLhcFsUBWoex1NOKaUStmKSFU8/RWRCdEE2rTgLIQ8OrLf0mnVsVuFd/WK816HkcRTuAUzgHDFTThBlrQBgr38AjP8OIo58l5dd6WrQUnnzmGX3DevwAKHI64</latexit><latexit sha1_base64="95rNFRszoVXivHMrJxlsjHVwyDg=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOv4wuZiXhuWKW71sNDCuIbfqLvBNcE4qkKM1LH8MRorGIZOWCmJMH7uR9RKiLaeCzUuD2LCI0CkZs35KJQmZ8ZLFtXN0liojFCidlrRoof6cSEhozCz0086Q2IlZ9TLxP68f26DhJVxGsWWSLhcFsUBWoex1NOKaUStmKSFU8/RWRCdEE2rTgLIQ8OrLf0mnVsVuFd/WK816HkcRTuAUzgHDFTThBlrQBgr38AjP8OIo58l5dd6WrQUnnzmGX3DevwAKHI64</latexit><latexit sha1_base64="95rNFRszoVXivHMrJxlsjHVwyDg=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOv4wuZiXhuWKW71sNDCuIbfqLvBNcE4qkKM1LH8MRorGIZOWCmJMH7uR9RKiLaeCzUuD2LCI0CkZs35KJQmZ8ZLFtXN0liojFCidlrRoof6cSEhozCz0086Q2IlZ9TLxP68f26DhJVxGsWWSLhcFsUBWoex1NOKaUStmKSFU8/RWRCdEE2rTgLIQ8OrLf0mnVsVuFd/WK816HkcRTuAUzgHDFTThBlrQBgr38AjP8OIo58l5dd6WrQUnnzmGX3DevwAKHI64</latexit>

Pooling low and high states expands the set of implementable
posterior mean distributions, yielding larger payoff to the designer.
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Intuition – II

Why not single interval for each signal realization?

r1
<latexit sha1_base64="s7NyjoigT495GTYW2giVAz2JTcE=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrddQww/PysFL13MtGA+Ma8lxvgW+CC1KFAq1h5WMwimkaMWmoIFr3sZcYPyPKcCrYvDxINUsInZIx61sqScS0ny2unaNzq4xQGCtb0qCF+nMiI5HWsyiwnRExE73q5eJ/Xj81YcPPuExSwyRdLgpTgUyM8tfRiCtGjZhZQqji9lZEJ0QRamxAeQh49eW/pFNzsefi23q1WS/iKMEpnMEFYLiCJtxAC9pA4R4e4RlenNh5cl6dt2XrmlPMnMAvOO9fH6COxg==</latexit><latexit sha1_base64="s7NyjoigT495GTYW2giVAz2JTcE=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrddQww/PysFL13MtGA+Ma8lxvgW+CC1KFAq1h5WMwimkaMWmoIFr3sZcYPyPKcCrYvDxINUsInZIx61sqScS0ny2unaNzq4xQGCtb0qCF+nMiI5HWsyiwnRExE73q5eJ/Xj81YcPPuExSwyRdLgpTgUyM8tfRiCtGjZhZQqji9lZEJ0QRamxAeQh49eW/pFNzsefi23q1WS/iKMEpnMEFYLiCJtxAC9pA4R4e4RlenNh5cl6dt2XrmlPMnMAvOO9fH6COxg==</latexit><latexit sha1_base64="s7NyjoigT495GTYW2giVAz2JTcE=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrddQww/PysFL13MtGA+Ma8lxvgW+CC1KFAq1h5WMwimkaMWmoIFr3sZcYPyPKcCrYvDxINUsInZIx61sqScS0ny2unaNzq4xQGCtb0qCF+nMiI5HWsyiwnRExE73q5eJ/Xj81YcPPuExSwyRdLgpTgUyM8tfRiCtGjZhZQqji9lZEJ0QRamxAeQh49eW/pFNzsefi23q1WS/iKMEpnMEFYLiCJtxAC9pA4R4e4RlenNh5cl6dt2XrmlPMnMAvOO9fH6COxg==</latexit><latexit sha1_base64="s7NyjoigT495GTYW2giVAz2JTcE=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrddQww/PysFL13MtGA+Ma8lxvgW+CC1KFAq1h5WMwimkaMWmoIFr3sZcYPyPKcCrYvDxINUsInZIx61sqScS0ny2unaNzq4xQGCtb0qCF+nMiI5HWsyiwnRExE73q5eJ/Xj81YcPPuExSwyRdLgpTgUyM8tfRiCtGjZhZQqji9lZEJ0QRamxAeQh49eW/pFNzsefi23q1WS/iKMEpnMEFYLiCJtxAC9pA4R4e4RlenNh5cl6dt2XrmlPMnMAvOO9fH6COxg==</latexit>

r2
<latexit sha1_base64="AMpvGkd2qobQOqFT12PLf4Ha8gw=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8hWwp2mPBi8cK9gPaUDbbTbt2sxt2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJpxp4/ufztr6xubWdmmnvLu3f3BYOTruaJkqQttEcql6IdaUM0HbhhlOe4miOA457YbT69zvPlClmRR3ZpbQIMZjwSJGsLFSRw2z2rw8rFR977LRQKjm+p6/wDdBBalCgdaw8jEYSZLGVBjCsdZ95CcmyLAyjHA6Lw9STRNMpnhM+5YKHFMdZItr5+65VUZuJJUtYdyF+nMiw7HWszi0nTE2E73q5eJ/Xj81USPImEhSQwVZLopS7hrp5q+7I6YoMXxmCSaK2VtdMsEKE2MDykNAqy//JZ2ah3wP3darzXoRRwlO4QwuAMEVNOEGWtAGAvfwCM/w4kjnyXl13pata04xcwK/4Lx/ASEmjsc=</latexit><latexit sha1_base64="AMpvGkd2qobQOqFT12PLf4Ha8gw=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8hWwp2mPBi8cK9gPaUDbbTbt2sxt2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJpxp4/ufztr6xubWdmmnvLu3f3BYOTruaJkqQttEcql6IdaUM0HbhhlOe4miOA457YbT69zvPlClmRR3ZpbQIMZjwSJGsLFSRw2z2rw8rFR977LRQKjm+p6/wDdBBalCgdaw8jEYSZLGVBjCsdZ95CcmyLAyjHA6Lw9STRNMpnhM+5YKHFMdZItr5+65VUZuJJUtYdyF+nMiw7HWszi0nTE2E73q5eJ/Xj81USPImEhSQwVZLopS7hrp5q+7I6YoMXxmCSaK2VtdMsEKE2MDykNAqy//JZ2ah3wP3darzXoRRwlO4QwuAMEVNOEGWtAGAvfwCM/w4kjnyXl13pata04xcwK/4Lx/ASEmjsc=</latexit><latexit sha1_base64="AMpvGkd2qobQOqFT12PLf4Ha8gw=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8hWwp2mPBi8cK9gPaUDbbTbt2sxt2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJpxp4/ufztr6xubWdmmnvLu3f3BYOTruaJkqQttEcql6IdaUM0HbhhlOe4miOA457YbT69zvPlClmRR3ZpbQIMZjwSJGsLFSRw2z2rw8rFR977LRQKjm+p6/wDdBBalCgdaw8jEYSZLGVBjCsdZ95CcmyLAyjHA6Lw9STRNMpnhM+5YKHFMdZItr5+65VUZuJJUtYdyF+nMiw7HWszi0nTE2E73q5eJ/Xj81USPImEhSQwVZLopS7hrp5q+7I6YoMXxmCSaK2VtdMsEKE2MDykNAqy//JZ2ah3wP3darzXoRRwlO4QwuAMEVNOEGWtAGAvfwCM/w4kjnyXl13pata04xcwK/4Lx/ASEmjsc=</latexit><latexit sha1_base64="AMpvGkd2qobQOqFT12PLf4Ha8gw=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8hWwp2mPBi8cK9gPaUDbbTbt2sxt2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJpxp4/ufztr6xubWdmmnvLu3f3BYOTruaJkqQttEcql6IdaUM0HbhhlOe4miOA457YbT69zvPlClmRR3ZpbQIMZjwSJGsLFSRw2z2rw8rFR977LRQKjm+p6/wDdBBalCgdaw8jEYSZLGVBjCsdZ95CcmyLAyjHA6Lw9STRNMpnhM+5YKHFMdZItr5+65VUZuJJUtYdyF+nMiw7HWszi0nTE2E73q5eJ/Xj81USPImEhSQwVZLopS7hrp5q+7I6YoMXxmCSaK2VtdMsEKE2MDykNAqy//JZ2ah3wP3darzXoRRwlO4QwuAMEVNOEGWtAGAvfwCM/w4kjnyXl13pata04xcwK/4Lx/ASEmjsc=</latexit>

b0
<latexit sha1_base64="TUh965MXrTPlLVgNE+DZdP5qVug=">AAAB7XicbVDLSgMxFM34rPVVdekmWARXQ1KKdllw47KCfUA7lEyaaWMzyZBkhDL0H9y4UMSt/+POvzHTDqjVAxcO59zLvfeEieDGIvTpra1vbG5tl3bKu3v7B4eVo+OOUammrE2VULoXEsMEl6xtuRWsl2hG4lCwbji9zv3uA9OGK3lnZwkLYjKWPOKUWCd1wmGG5uVhpYr8y0YD4xpEPlrgm+CCVEGB1rDyMRgpmsZMWiqIMX2MEhtkRFtOBZuXB6lhCaFTMmZ9RyWJmQmyxbVzeO6UEYyUdiUtXKg/JzISGzOLQ9cZEzsxq14u/uf1Uxs1gozLJLVM0uWiKBXQKpi/DkdcM2rFzBFCNXe3QjohmlDrAspDwKsv/yWdmo+Rj2/r1Wa9iKMETsEZuAAYXIEmuAEt0AYU3INH8AxePOU9ea/e27J1zStmTsAveO9fBYqOtQ==</latexit><latexit sha1_base64="TUh965MXrTPlLVgNE+DZdP5qVug=">AAAB7XicbVDLSgMxFM34rPVVdekmWARXQ1KKdllw47KCfUA7lEyaaWMzyZBkhDL0H9y4UMSt/+POvzHTDqjVAxcO59zLvfeEieDGIvTpra1vbG5tl3bKu3v7B4eVo+OOUammrE2VULoXEsMEl6xtuRWsl2hG4lCwbji9zv3uA9OGK3lnZwkLYjKWPOKUWCd1wmGG5uVhpYr8y0YD4xpEPlrgm+CCVEGB1rDyMRgpmsZMWiqIMX2MEhtkRFtOBZuXB6lhCaFTMmZ9RyWJmQmyxbVzeO6UEYyUdiUtXKg/JzISGzOLQ9cZEzsxq14u/uf1Uxs1gozLJLVM0uWiKBXQKpi/DkdcM2rFzBFCNXe3QjohmlDrAspDwKsv/yWdmo+Rj2/r1Wa9iKMETsEZuAAYXIEmuAEt0AYU3INH8AxePOU9ea/e27J1zStmTsAveO9fBYqOtQ==</latexit><latexit sha1_base64="TUh965MXrTPlLVgNE+DZdP5qVug=">AAAB7XicbVDLSgMxFM34rPVVdekmWARXQ1KKdllw47KCfUA7lEyaaWMzyZBkhDL0H9y4UMSt/+POvzHTDqjVAxcO59zLvfeEieDGIvTpra1vbG5tl3bKu3v7B4eVo+OOUammrE2VULoXEsMEl6xtuRWsl2hG4lCwbji9zv3uA9OGK3lnZwkLYjKWPOKUWCd1wmGG5uVhpYr8y0YD4xpEPlrgm+CCVEGB1rDyMRgpmsZMWiqIMX2MEhtkRFtOBZuXB6lhCaFTMmZ9RyWJmQmyxbVzeO6UEYyUdiUtXKg/JzISGzOLQ9cZEzsxq14u/uf1Uxs1gozLJLVM0uWiKBXQKpi/DkdcM2rFzBFCNXe3QjohmlDrAspDwKsv/yWdmo+Rj2/r1Wa9iKMETsEZuAAYXIEmuAEt0AYU3INH8AxePOU9ea/e27J1zStmTsAveO9fBYqOtQ==</latexit><latexit sha1_base64="TUh965MXrTPlLVgNE+DZdP5qVug=">AAAB7XicbVDLSgMxFM34rPVVdekmWARXQ1KKdllw47KCfUA7lEyaaWMzyZBkhDL0H9y4UMSt/+POvzHTDqjVAxcO59zLvfeEieDGIvTpra1vbG5tl3bKu3v7B4eVo+OOUammrE2VULoXEsMEl6xtuRWsl2hG4lCwbji9zv3uA9OGK3lnZwkLYjKWPOKUWCd1wmGG5uVhpYr8y0YD4xpEPlrgm+CCVEGB1rDyMRgpmsZMWiqIMX2MEhtkRFtOBZuXB6lhCaFTMmZ9RyWJmQmyxbVzeO6UEYyUdiUtXKg/JzISGzOLQ9cZEzsxq14u/uf1Uxs1gozLJLVM0uWiKBXQKpi/DkdcM2rFzBFCNXe3QjohmlDrAspDwKsv/yWdmo+Rj2/r1Wa9iKMETsEZuAAYXIEmuAEt0AYU3INH8AxePOU9ea/e27J1zStmTsAveO9fBYqOtQ==</latexit>

b1
<latexit sha1_base64="vEpB8MzNnfAqh0T16gJWm+jwMjg=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrdYJhhuflYaXquZeNBsY15LneAt8EF6QKBVrDysdgFNM0YtJQQbTuYy8xfkaU4VSweXmQapYQOiVj1rdUkohpP1tcO0fnVhmhMFa2pEEL9edERiKtZ1FgOyNiJnrVy8X/vH5qwoafcZmkhkm6XBSmApkY5a+jEVeMGjGzhFDF7a2ITogi1NiA8hDw6st/SafmYs/Ft/Vqs17EUYJTOIMLwHAFTbiBFrSBwj08wjO8OLHz5Lw6b8vWNaeYOYFfcN6/AAcQjrY=</latexit><latexit sha1_base64="vEpB8MzNnfAqh0T16gJWm+jwMjg=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrdYJhhuflYaXquZeNBsY15LneAt8EF6QKBVrDysdgFNM0YtJQQbTuYy8xfkaU4VSweXmQapYQOiVj1rdUkohpP1tcO0fnVhmhMFa2pEEL9edERiKtZ1FgOyNiJnrVy8X/vH5qwoafcZmkhkm6XBSmApkY5a+jEVeMGjGzhFDF7a2ITogi1NiA8hDw6st/SafmYs/Ft/Vqs17EUYJTOIMLwHAFTbiBFrSBwj08wjO8OLHz5Lw6b8vWNaeYOYFfcN6/AAcQjrY=</latexit><latexit sha1_base64="vEpB8MzNnfAqh0T16gJWm+jwMjg=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrdYJhhuflYaXquZeNBsY15LneAt8EF6QKBVrDysdgFNM0YtJQQbTuYy8xfkaU4VSweXmQapYQOiVj1rdUkohpP1tcO0fnVhmhMFa2pEEL9edERiKtZ1FgOyNiJnrVy8X/vH5qwoafcZmkhkm6XBSmApkY5a+jEVeMGjGzhFDF7a2ITogi1NiA8hDw6st/SafmYs/Ft/Vqs17EUYJTOIMLwHAFTbiBFrSBwj08wjO8OLHz5Lw6b8vWNaeYOYFfcN6/AAcQjrY=</latexit><latexit sha1_base64="vEpB8MzNnfAqh0T16gJWm+jwMjg=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrdYJhhuflYaXquZeNBsY15LneAt8EF6QKBVrDysdgFNM0YtJQQbTuYy8xfkaU4VSweXmQapYQOiVj1rdUkohpP1tcO0fnVhmhMFa2pEEL9edERiKtZ1FgOyNiJnrVy8X/vH5qwoafcZmkhkm6XBSmApkY5a+jEVeMGjGzhFDF7a2ITogi1NiA8hDw6st/SafmYs/Ft/Vqs17EUYJTOIMLwHAFTbiBFrSBwj08wjO8OLHz5Lw6b8vWNaeYOYFfcN6/AAcQjrY=</latexit>

b2
<latexit sha1_base64="zrwE+hqk6qhUmvaBVYiK2KFN2sc=">AAAB6nicbVBNSwMxEJ2tX7V+VT16CRbB07IppfZY8OKxov2AdinZNNuGZrNLkhXK0p/gxYMiXv1F3vw3pu2CWn0w8Hhvhpl5QSK4Np736RQ2Nre2d4q7pb39g8Oj8vFJR8epoqxNYxGrXkA0E1yytuFGsF6iGIkCwbrB9Hrhdx+Y0jyW92aWMD8iY8lDTomx0l0wrA7LFc+tNxoYV5Hnekt8E5yTCuRoDcsfg1FM04hJQwXRuo+9xPgZUYZTwealQapZQuiUjFnfUkkipv1seeocXVhlhMJY2ZIGLdWfExmJtJ5Fge2MiJnodW8h/uf1UxM2/IzLJDVM0tWiMBXIxGjxNxpxxagRM0sIVdzeiuiEKEKNTadkQ8DrL/8lnaqLPRff1irNWh5HEc7gHC4BwxU04QZa0AYKY3iEZ3hxhPPkvDpvq9aCk8+cwi84718OHY2X</latexit><latexit sha1_base64="zrwE+hqk6qhUmvaBVYiK2KFN2sc=">AAAB6nicbVBNSwMxEJ2tX7V+VT16CRbB07IppfZY8OKxov2AdinZNNuGZrNLkhXK0p/gxYMiXv1F3vw3pu2CWn0w8Hhvhpl5QSK4Np736RQ2Nre2d4q7pb39g8Oj8vFJR8epoqxNYxGrXkA0E1yytuFGsF6iGIkCwbrB9Hrhdx+Y0jyW92aWMD8iY8lDTomx0l0wrA7LFc+tNxoYV5Hnekt8E5yTCuRoDcsfg1FM04hJQwXRuo+9xPgZUYZTwealQapZQuiUjFnfUkkipv1seeocXVhlhMJY2ZIGLdWfExmJtJ5Fge2MiJnodW8h/uf1UxM2/IzLJDVM0tWiMBXIxGjxNxpxxagRM0sIVdzeiuiEKEKNTadkQ8DrL/8lnaqLPRff1irNWh5HEc7gHC4BwxU04QZa0AYKY3iEZ3hxhPPkvDpvq9aCk8+cwi84718OHY2X</latexit><latexit sha1_base64="zrwE+hqk6qhUmvaBVYiK2KFN2sc=">AAAB6nicbVBNSwMxEJ2tX7V+VT16CRbB07IppfZY8OKxov2AdinZNNuGZrNLkhXK0p/gxYMiXv1F3vw3pu2CWn0w8Hhvhpl5QSK4Np736RQ2Nre2d4q7pb39g8Oj8vFJR8epoqxNYxGrXkA0E1yytuFGsF6iGIkCwbrB9Hrhdx+Y0jyW92aWMD8iY8lDTomx0l0wrA7LFc+tNxoYV5Hnekt8E5yTCuRoDcsfg1FM04hJQwXRuo+9xPgZUYZTwealQapZQuiUjFnfUkkipv1seeocXVhlhMJY2ZIGLdWfExmJtJ5Fge2MiJnodW8h/uf1UxM2/IzLJDVM0tWiMBXIxGjxNxpxxagRM0sIVdzeiuiEKEKNTadkQ8DrL/8lnaqLPRff1irNWh5HEc7gHC4BwxU04QZa0AYKY3iEZ3hxhPPkvDpvq9aCk8+cwi84718OHY2X</latexit><latexit sha1_base64="zrwE+hqk6qhUmvaBVYiK2KFN2sc=">AAAB6nicbVBNSwMxEJ2tX7V+VT16CRbB07IppfZY8OKxov2AdinZNNuGZrNLkhXK0p/gxYMiXv1F3vw3pu2CWn0w8Hhvhpl5QSK4Np736RQ2Nre2d4q7pb39g8Oj8vFJR8epoqxNYxGrXkA0E1yytuFGsF6iGIkCwbrB9Hrhdx+Y0jyW92aWMD8iY8lDTomx0l0wrA7LFc+tNxoYV5Hnekt8E5yTCuRoDcsfg1FM04hJQwXRuo+9xPgZUYZTwealQapZQuiUjFnfUkkipv1seeocXVhlhMJY2ZIGLdWfExmJtJ5Fge2MiJnodW8h/uf1UxM2/IzLJDVM0tWiMBXIxGjxNxpxxagRM0sIVdzeiuiEKEKNTadkQ8DrL/8lnaqLPRff1irNWh5HEc7gHC4BwxU04QZa0AYKY3iEZ3hxhPPkvDpvq9aCk8+cwi84718OHY2X</latexit>

Posterior mean
<latexit sha1_base64="qZyj3x/yk3YYaQY+fFZA0AbfDpI=">AAAB/nicbVC7SgNBFJ2Nrxhfq2JlMxgEq7ArAS0DNpYRzAOSEGYnd5Mh81hmZsWwBPwVGwtFbP0OO//GSbKFJp7qcM693HNPlHBmbBB8e4W19Y3NreJ2aWd3b//APzxqGpVqCg2quNLtiBjgTELDMsuhnWggIuLQisY3M7/1ANowJe/tJIGeIEPJYkaJdVLfP+mKSD1mdWUsaKY0FkDktO+Xg0owB14lYU7KKEe97391B4qmAqSlnBjTCYPE9jKiLaMcpqVuaiAhdEyG0HFUEgGml83jT/G5UwY4dsdjJS2eq783MiKMmYjITQpiR2bZm4n/eZ3Uxte9jMkktSDp4lCccmwVnnWBB0wDtXziCKGauayYjogm1HVhSq6EcPnlVdK8rIRBJbyrlmvVvI4iOkVn6AKF6ArV0C2qowaiKEPP6BW9eU/ei/fufSxGC16+c4z+wPv8AdxclgE=</latexit><latexit sha1_base64="qZyj3x/yk3YYaQY+fFZA0AbfDpI=">AAAB/nicbVC7SgNBFJ2Nrxhfq2JlMxgEq7ArAS0DNpYRzAOSEGYnd5Mh81hmZsWwBPwVGwtFbP0OO//GSbKFJp7qcM693HNPlHBmbBB8e4W19Y3NreJ2aWd3b//APzxqGpVqCg2quNLtiBjgTELDMsuhnWggIuLQisY3M7/1ANowJe/tJIGeIEPJYkaJdVLfP+mKSD1mdWUsaKY0FkDktO+Xg0owB14lYU7KKEe97391B4qmAqSlnBjTCYPE9jKiLaMcpqVuaiAhdEyG0HFUEgGml83jT/G5UwY4dsdjJS2eq783MiKMmYjITQpiR2bZm4n/eZ3Uxte9jMkktSDp4lCccmwVnnWBB0wDtXziCKGauayYjogm1HVhSq6EcPnlVdK8rIRBJbyrlmvVvI4iOkVn6AKF6ArV0C2qowaiKEPP6BW9eU/ei/fufSxGC16+c4z+wPv8AdxclgE=</latexit><latexit sha1_base64="qZyj3x/yk3YYaQY+fFZA0AbfDpI=">AAAB/nicbVC7SgNBFJ2Nrxhfq2JlMxgEq7ArAS0DNpYRzAOSEGYnd5Mh81hmZsWwBPwVGwtFbP0OO//GSbKFJp7qcM693HNPlHBmbBB8e4W19Y3NreJ2aWd3b//APzxqGpVqCg2quNLtiBjgTELDMsuhnWggIuLQisY3M7/1ANowJe/tJIGeIEPJYkaJdVLfP+mKSD1mdWUsaKY0FkDktO+Xg0owB14lYU7KKEe97391B4qmAqSlnBjTCYPE9jKiLaMcpqVuaiAhdEyG0HFUEgGml83jT/G5UwY4dsdjJS2eq783MiKMmYjITQpiR2bZm4n/eZ3Uxte9jMkktSDp4lCccmwVnnWBB0wDtXziCKGauayYjogm1HVhSq6EcPnlVdK8rIRBJbyrlmvVvI4iOkVn6AKF6ArV0C2qowaiKEPP6BW9eU/ei/fufSxGC16+c4z+wPv8AdxclgE=</latexit><latexit sha1_base64="qZyj3x/yk3YYaQY+fFZA0AbfDpI=">AAAB/nicbVC7SgNBFJ2Nrxhfq2JlMxgEq7ArAS0DNpYRzAOSEGYnd5Mh81hmZsWwBPwVGwtFbP0OO//GSbKFJp7qcM693HNPlHBmbBB8e4W19Y3NreJ2aWd3b//APzxqGpVqCg2quNLtiBjgTELDMsuhnWggIuLQisY3M7/1ANowJe/tJIGeIEPJYkaJdVLfP+mKSD1mdWUsaKY0FkDktO+Xg0owB14lYU7KKEe97391B4qmAqSlnBjTCYPE9jKiLaMcpqVuaiAhdEyG0HFUEgGml83jT/G5UwY4dsdjJS2eq783MiKMmYjITQpiR2bZm4n/eZ3Uxte9jMkktSDp4lCccmwVnnWBB0wDtXziCKGauayYjogm1HVhSq6EcPnlVdK8rIRBJbyrlmvVvI4iOkVn6AKF6ArV0C2qowaiKEPP6BW9eU/ei/fufSxGC16+c4z+wPv8AdxclgE=</latexit>

R
ew

ar
d

<latexit sha1_base64="PdRp8QwnuDf4GUOOIvHOT4ugMcg=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgqexKQY8FLx6r2A9ol5LNzrahyWZNstWy9Hd48aCIV3+MN/+NabsHbX0w8Hhvhpl5QcKZNq777RTW1jc2t4rbpZ3dvf2D8uFRS8tUUWhSyaXqBEQDZzE0DTMcOokCIgIO7WB0PfPbY1CayfjeTBLwBRnELGKUGCv5PRHIp+wOHokKp/1yxa26c+BV4uWkgnI0+uWvXihpKiA2lBOtu56bGD8jyjDKYVrqpRoSQkdkAF1LYyJA+9n86Ck+s0qII6lsxQbP1d8TGRFaT0RgOwUxQ73szcT/vG5qois/Y3GSGojpYlGUcmwkniWAQ6aAGj6xhFDF7K2YDoki1NicSjYEb/nlVdK6qHpu1butVeq1PI4iOkGn6Bx56BLV0Q1qoCai6AE9o1f05oydF+fd+Vi0Fpx85hj9gfP5A0Qskl0=</latexit><latexit sha1_base64="PdRp8QwnuDf4GUOOIvHOT4ugMcg=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgqexKQY8FLx6r2A9ol5LNzrahyWZNstWy9Hd48aCIV3+MN/+NabsHbX0w8Hhvhpl5QcKZNq777RTW1jc2t4rbpZ3dvf2D8uFRS8tUUWhSyaXqBEQDZzE0DTMcOokCIgIO7WB0PfPbY1CayfjeTBLwBRnELGKUGCv5PRHIp+wOHokKp/1yxa26c+BV4uWkgnI0+uWvXihpKiA2lBOtu56bGD8jyjDKYVrqpRoSQkdkAF1LYyJA+9n86Ck+s0qII6lsxQbP1d8TGRFaT0RgOwUxQ73szcT/vG5qois/Y3GSGojpYlGUcmwkniWAQ6aAGj6xhFDF7K2YDoki1NicSjYEb/nlVdK6qHpu1butVeq1PI4iOkGn6Bx56BLV0Q1qoCai6AE9o1f05oydF+fd+Vi0Fpx85hj9gfP5A0Qskl0=</latexit><latexit sha1_base64="PdRp8QwnuDf4GUOOIvHOT4ugMcg=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgqexKQY8FLx6r2A9ol5LNzrahyWZNstWy9Hd48aCIV3+MN/+NabsHbX0w8Hhvhpl5QcKZNq777RTW1jc2t4rbpZ3dvf2D8uFRS8tUUWhSyaXqBEQDZzE0DTMcOokCIgIO7WB0PfPbY1CayfjeTBLwBRnELGKUGCv5PRHIp+wOHokKp/1yxa26c+BV4uWkgnI0+uWvXihpKiA2lBOtu56bGD8jyjDKYVrqpRoSQkdkAF1LYyJA+9n86Ck+s0qII6lsxQbP1d8TGRFaT0RgOwUxQ73szcT/vG5qois/Y3GSGojpYlGUcmwkniWAQ6aAGj6xhFDF7K2YDoki1NicSjYEb/nlVdK6qHpu1butVeq1PI4iOkGn6Bx56BLV0Q1qoCai6AE9o1f05oydF+fd+Vi0Fpx85hj9gfP5A0Qskl0=</latexit><latexit sha1_base64="PdRp8QwnuDf4GUOOIvHOT4ugMcg=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgqexKQY8FLx6r2A9ol5LNzrahyWZNstWy9Hd48aCIV3+MN/+NabsHbX0w8Hhvhpl5QcKZNq777RTW1jc2t4rbpZ3dvf2D8uFRS8tUUWhSyaXqBEQDZzE0DTMcOokCIgIO7WB0PfPbY1CayfjeTBLwBRnELGKUGCv5PRHIp+wOHokKp/1yxa26c+BV4uWkgnI0+uWvXihpKiA2lBOtu56bGD8jyjDKYVrqpRoSQkdkAF1LYyJA+9n86Ck+s0qII6lsxQbP1d8TGRFaT0RgOwUxQ73szcT/vG5qois/Y3GSGojpYlGUcmwkniWAQ6aAGj6xhFDF7K2YDoki1NicSjYEb/nlVdK6qHpu1butVeq1PI4iOkGn6Bx56BLV0Q1qoCai6AE9o1f05oydF+fd+Vi0Fpx85hj9gfP5A0Qskl0=</latexit>

r3
<latexit sha1_base64="/OK2YhvlX0FNt2ZP/124HX15zX8=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOnqYXMxLw3LFrV42GhjXkFt1F/gmOCcVyNEalj8GI0XjkElLBTGmj93IegnRllPB5qVBbFhE6JSMWT+lkoTMeMni2jk6S5URCpROS1q0UH9OJCQ0Zhb6aWdI7MSsepn4n9ePbdDwEi6j2DJJl4uCWCCrUPY6GnHNqBWzlBCqeXorohOiCbVpQFkIePXlv6RTq2K3im/rlWY9j6MIJ3AK54DhCppwAy1oA4V7eIRneHGU8+S8Om/L1oKTzxzDLzjvXyKsjsg=</latexit><latexit sha1_base64="/OK2YhvlX0FNt2ZP/124HX15zX8=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOnqYXMxLw3LFrV42GhjXkFt1F/gmOCcVyNEalj8GI0XjkElLBTGmj93IegnRllPB5qVBbFhE6JSMWT+lkoTMeMni2jk6S5URCpROS1q0UH9OJCQ0Zhb6aWdI7MSsepn4n9ePbdDwEi6j2DJJl4uCWCCrUPY6GnHNqBWzlBCqeXorohOiCbVpQFkIePXlv6RTq2K3im/rlWY9j6MIJ3AK54DhCppwAy1oA4V7eIRneHGU8+S8Om/L1oKTzxzDLzjvXyKsjsg=</latexit><latexit sha1_base64="/OK2YhvlX0FNt2ZP/124HX15zX8=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOnqYXMxLw3LFrV42GhjXkFt1F/gmOCcVyNEalj8GI0XjkElLBTGmj93IegnRllPB5qVBbFhE6JSMWT+lkoTMeMni2jk6S5URCpROS1q0UH9OJCQ0Zhb6aWdI7MSsepn4n9ePbdDwEi6j2DJJl4uCWCCrUPY6GnHNqBWzlBCqeXorohOiCbVpQFkIePXlv6RTq2K3im/rlWY9j6MIJ3AK54DhCppwAy1oA4V7eIRneHGU8+S8Om/L1oKTzxzDLzjvXyKsjsg=</latexit><latexit sha1_base64="/OK2YhvlX0FNt2ZP/124HX15zX8=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOnqYXMxLw3LFrV42GhjXkFt1F/gmOCcVyNEalj8GI0XjkElLBTGmj93IegnRllPB5qVBbFhE6JSMWT+lkoTMeMni2jk6S5URCpROS1q0UH9OJCQ0Zhb6aWdI7MSsepn4n9ePbdDwEi6j2DJJl4uCWCCrUPY6GnHNqBWzlBCqeXorohOiCbVpQFkIePXlv6RTq2K3im/rlWY9j6MIJ3AK54DhCppwAy1oA4V7eIRneHGU8+S8Om/L1oKTzxzDLzjvXyKsjsg=</latexit>

b3
<latexit sha1_base64="95rNFRszoVXivHMrJxlsjHVwyDg=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOv4wuZiXhuWKW71sNDCuIbfqLvBNcE4qkKM1LH8MRorGIZOWCmJMH7uR9RKiLaeCzUuD2LCI0CkZs35KJQmZ8ZLFtXN0liojFCidlrRoof6cSEhozCz0086Q2IlZ9TLxP68f26DhJVxGsWWSLhcFsUBWoex1NOKaUStmKSFU8/RWRCdEE2rTgLIQ8OrLf0mnVsVuFd/WK816HkcRTuAUzgHDFTThBlrQBgr38AjP8OIo58l5dd6WrQUnnzmGX3DevwAKHI64</latexit><latexit sha1_base64="95rNFRszoVXivHMrJxlsjHVwyDg=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOv4wuZiXhuWKW71sNDCuIbfqLvBNcE4qkKM1LH8MRorGIZOWCmJMH7uR9RKiLaeCzUuD2LCI0CkZs35KJQmZ8ZLFtXN0liojFCidlrRoof6cSEhozCz0086Q2IlZ9TLxP68f26DhJVxGsWWSLhcFsUBWoex1NOKaUStmKSFU8/RWRCdEE2rTgLIQ8OrLf0mnVsVuFd/WK816HkcRTuAUzgHDFTThBlrQBgr38AjP8OIo58l5dd6WrQUnnzmGX3DevwAKHI64</latexit><latexit sha1_base64="95rNFRszoVXivHMrJxlsjHVwyDg=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOv4wuZiXhuWKW71sNDCuIbfqLvBNcE4qkKM1LH8MRorGIZOWCmJMH7uR9RKiLaeCzUuD2LCI0CkZs35KJQmZ8ZLFtXN0liojFCidlrRoof6cSEhozCz0086Q2IlZ9TLxP68f26DhJVxGsWWSLhcFsUBWoex1NOKaUStmKSFU8/RWRCdEE2rTgLIQ8OrLf0mnVsVuFd/WK816HkcRTuAUzgHDFTThBlrQBgr38AjP8OIo58l5dd6WrQUnnzmGX3DevwAKHI64</latexit><latexit sha1_base64="95rNFRszoVXivHMrJxlsjHVwyDg=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOv4wuZiXhuWKW71sNDCuIbfqLvBNcE4qkKM1LH8MRorGIZOWCmJMH7uR9RKiLaeCzUuD2LCI0CkZs35KJQmZ8ZLFtXN0liojFCidlrRoof6cSEhozCz0086Q2IlZ9TLxP68f26DhJVxGsWWSLhcFsUBWoex1NOKaUStmKSFU8/RWRCdEE2rTgLIQ8OrLf0mnVsVuFd/WK816HkcRTuAUzgHDFTThBlrQBgr38AjP8OIo58l5dd6WrQUnnzmGX3DevwAKHI64</latexit>

X
X

Pooling low and high states expands the set of implementable
posterior mean distributions, yielding larger payoff to the designer.
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Intuition – II

Why not single interval for each signal realization?

r1
<latexit sha1_base64="s7NyjoigT495GTYW2giVAz2JTcE=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrddQww/PysFL13MtGA+Ma8lxvgW+CC1KFAq1h5WMwimkaMWmoIFr3sZcYPyPKcCrYvDxINUsInZIx61sqScS0ny2unaNzq4xQGCtb0qCF+nMiI5HWsyiwnRExE73q5eJ/Xj81YcPPuExSwyRdLgpTgUyM8tfRiCtGjZhZQqji9lZEJ0QRamxAeQh49eW/pFNzsefi23q1WS/iKMEpnMEFYLiCJtxAC9pA4R4e4RlenNh5cl6dt2XrmlPMnMAvOO9fH6COxg==</latexit><latexit sha1_base64="s7NyjoigT495GTYW2giVAz2JTcE=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrddQww/PysFL13MtGA+Ma8lxvgW+CC1KFAq1h5WMwimkaMWmoIFr3sZcYPyPKcCrYvDxINUsInZIx61sqScS0ny2unaNzq4xQGCtb0qCF+nMiI5HWsyiwnRExE73q5eJ/Xj81YcPPuExSwyRdLgpTgUyM8tfRiCtGjZhZQqji9lZEJ0QRamxAeQh49eW/pFNzsefi23q1WS/iKMEpnMEFYLiCJtxAC9pA4R4e4RlenNh5cl6dt2XrmlPMnMAvOO9fH6COxg==</latexit><latexit sha1_base64="s7NyjoigT495GTYW2giVAz2JTcE=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrddQww/PysFL13MtGA+Ma8lxvgW+CC1KFAq1h5WMwimkaMWmoIFr3sZcYPyPKcCrYvDxINUsInZIx61sqScS0ny2unaNzq4xQGCtb0qCF+nMiI5HWsyiwnRExE73q5eJ/Xj81YcPPuExSwyRdLgpTgUyM8tfRiCtGjZhZQqji9lZEJ0QRamxAeQh49eW/pFNzsefi23q1WS/iKMEpnMEFYLiCJtxAC9pA4R4e4RlenNh5cl6dt2XrmlPMnMAvOO9fH6COxg==</latexit><latexit sha1_base64="s7NyjoigT495GTYW2giVAz2JTcE=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrddQww/PysFL13MtGA+Ma8lxvgW+CC1KFAq1h5WMwimkaMWmoIFr3sZcYPyPKcCrYvDxINUsInZIx61sqScS0ny2unaNzq4xQGCtb0qCF+nMiI5HWsyiwnRExE73q5eJ/Xj81YcPPuExSwyRdLgpTgUyM8tfRiCtGjZhZQqji9lZEJ0QRamxAeQh49eW/pFNzsefi23q1WS/iKMEpnMEFYLiCJtxAC9pA4R4e4RlenNh5cl6dt2XrmlPMnMAvOO9fH6COxg==</latexit>

r2
<latexit sha1_base64="AMpvGkd2qobQOqFT12PLf4Ha8gw=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8hWwp2mPBi8cK9gPaUDbbTbt2sxt2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJpxp4/ufztr6xubWdmmnvLu3f3BYOTruaJkqQttEcql6IdaUM0HbhhlOe4miOA457YbT69zvPlClmRR3ZpbQIMZjwSJGsLFSRw2z2rw8rFR977LRQKjm+p6/wDdBBalCgdaw8jEYSZLGVBjCsdZ95CcmyLAyjHA6Lw9STRNMpnhM+5YKHFMdZItr5+65VUZuJJUtYdyF+nMiw7HWszi0nTE2E73q5eJ/Xj81USPImEhSQwVZLopS7hrp5q+7I6YoMXxmCSaK2VtdMsEKE2MDykNAqy//JZ2ah3wP3darzXoRRwlO4QwuAMEVNOEGWtAGAvfwCM/w4kjnyXl13pata04xcwK/4Lx/ASEmjsc=</latexit><latexit sha1_base64="AMpvGkd2qobQOqFT12PLf4Ha8gw=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8hWwp2mPBi8cK9gPaUDbbTbt2sxt2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJpxp4/ufztr6xubWdmmnvLu3f3BYOTruaJkqQttEcql6IdaUM0HbhhlOe4miOA457YbT69zvPlClmRR3ZpbQIMZjwSJGsLFSRw2z2rw8rFR977LRQKjm+p6/wDdBBalCgdaw8jEYSZLGVBjCsdZ95CcmyLAyjHA6Lw9STRNMpnhM+5YKHFMdZItr5+65VUZuJJUtYdyF+nMiw7HWszi0nTE2E73q5eJ/Xj81USPImEhSQwVZLopS7hrp5q+7I6YoMXxmCSaK2VtdMsEKE2MDykNAqy//JZ2ah3wP3darzXoRRwlO4QwuAMEVNOEGWtAGAvfwCM/w4kjnyXl13pata04xcwK/4Lx/ASEmjsc=</latexit><latexit sha1_base64="AMpvGkd2qobQOqFT12PLf4Ha8gw=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8hWwp2mPBi8cK9gPaUDbbTbt2sxt2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJpxp4/ufztr6xubWdmmnvLu3f3BYOTruaJkqQttEcql6IdaUM0HbhhlOe4miOA457YbT69zvPlClmRR3ZpbQIMZjwSJGsLFSRw2z2rw8rFR977LRQKjm+p6/wDdBBalCgdaw8jEYSZLGVBjCsdZ95CcmyLAyjHA6Lw9STRNMpnhM+5YKHFMdZItr5+65VUZuJJUtYdyF+nMiw7HWszi0nTE2E73q5eJ/Xj81USPImEhSQwVZLopS7hrp5q+7I6YoMXxmCSaK2VtdMsEKE2MDykNAqy//JZ2ah3wP3darzXoRRwlO4QwuAMEVNOEGWtAGAvfwCM/w4kjnyXl13pata04xcwK/4Lx/ASEmjsc=</latexit><latexit sha1_base64="AMpvGkd2qobQOqFT12PLf4Ha8gw=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8hWwp2mPBi8cK9gPaUDbbTbt2sxt2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJpxp4/ufztr6xubWdmmnvLu3f3BYOTruaJkqQttEcql6IdaUM0HbhhlOe4miOA457YbT69zvPlClmRR3ZpbQIMZjwSJGsLFSRw2z2rw8rFR977LRQKjm+p6/wDdBBalCgdaw8jEYSZLGVBjCsdZ95CcmyLAyjHA6Lw9STRNMpnhM+5YKHFMdZItr5+65VUZuJJUtYdyF+nMiw7HWszi0nTE2E73q5eJ/Xj81USPImEhSQwVZLopS7hrp5q+7I6YoMXxmCSaK2VtdMsEKE2MDykNAqy//JZ2ah3wP3darzXoRRwlO4QwuAMEVNOEGWtAGAvfwCM/w4kjnyXl13pata04xcwK/4Lx/ASEmjsc=</latexit>

b0
<latexit sha1_base64="TUh965MXrTPlLVgNE+DZdP5qVug=">AAAB7XicbVDLSgMxFM34rPVVdekmWARXQ1KKdllw47KCfUA7lEyaaWMzyZBkhDL0H9y4UMSt/+POvzHTDqjVAxcO59zLvfeEieDGIvTpra1vbG5tl3bKu3v7B4eVo+OOUammrE2VULoXEsMEl6xtuRWsl2hG4lCwbji9zv3uA9OGK3lnZwkLYjKWPOKUWCd1wmGG5uVhpYr8y0YD4xpEPlrgm+CCVEGB1rDyMRgpmsZMWiqIMX2MEhtkRFtOBZuXB6lhCaFTMmZ9RyWJmQmyxbVzeO6UEYyUdiUtXKg/JzISGzOLQ9cZEzsxq14u/uf1Uxs1gozLJLVM0uWiKBXQKpi/DkdcM2rFzBFCNXe3QjohmlDrAspDwKsv/yWdmo+Rj2/r1Wa9iKMETsEZuAAYXIEmuAEt0AYU3INH8AxePOU9ea/e27J1zStmTsAveO9fBYqOtQ==</latexit><latexit sha1_base64="TUh965MXrTPlLVgNE+DZdP5qVug=">AAAB7XicbVDLSgMxFM34rPVVdekmWARXQ1KKdllw47KCfUA7lEyaaWMzyZBkhDL0H9y4UMSt/+POvzHTDqjVAxcO59zLvfeEieDGIvTpra1vbG5tl3bKu3v7B4eVo+OOUammrE2VULoXEsMEl6xtuRWsl2hG4lCwbji9zv3uA9OGK3lnZwkLYjKWPOKUWCd1wmGG5uVhpYr8y0YD4xpEPlrgm+CCVEGB1rDyMRgpmsZMWiqIMX2MEhtkRFtOBZuXB6lhCaFTMmZ9RyWJmQmyxbVzeO6UEYyUdiUtXKg/JzISGzOLQ9cZEzsxq14u/uf1Uxs1gozLJLVM0uWiKBXQKpi/DkdcM2rFzBFCNXe3QjohmlDrAspDwKsv/yWdmo+Rj2/r1Wa9iKMETsEZuAAYXIEmuAEt0AYU3INH8AxePOU9ea/e27J1zStmTsAveO9fBYqOtQ==</latexit><latexit sha1_base64="TUh965MXrTPlLVgNE+DZdP5qVug=">AAAB7XicbVDLSgMxFM34rPVVdekmWARXQ1KKdllw47KCfUA7lEyaaWMzyZBkhDL0H9y4UMSt/+POvzHTDqjVAxcO59zLvfeEieDGIvTpra1vbG5tl3bKu3v7B4eVo+OOUammrE2VULoXEsMEl6xtuRWsl2hG4lCwbji9zv3uA9OGK3lnZwkLYjKWPOKUWCd1wmGG5uVhpYr8y0YD4xpEPlrgm+CCVEGB1rDyMRgpmsZMWiqIMX2MEhtkRFtOBZuXB6lhCaFTMmZ9RyWJmQmyxbVzeO6UEYyUdiUtXKg/JzISGzOLQ9cZEzsxq14u/uf1Uxs1gozLJLVM0uWiKBXQKpi/DkdcM2rFzBFCNXe3QjohmlDrAspDwKsv/yWdmo+Rj2/r1Wa9iKMETsEZuAAYXIEmuAEt0AYU3INH8AxePOU9ea/e27J1zStmTsAveO9fBYqOtQ==</latexit><latexit sha1_base64="TUh965MXrTPlLVgNE+DZdP5qVug=">AAAB7XicbVDLSgMxFM34rPVVdekmWARXQ1KKdllw47KCfUA7lEyaaWMzyZBkhDL0H9y4UMSt/+POvzHTDqjVAxcO59zLvfeEieDGIvTpra1vbG5tl3bKu3v7B4eVo+OOUammrE2VULoXEsMEl6xtuRWsl2hG4lCwbji9zv3uA9OGK3lnZwkLYjKWPOKUWCd1wmGG5uVhpYr8y0YD4xpEPlrgm+CCVEGB1rDyMRgpmsZMWiqIMX2MEhtkRFtOBZuXB6lhCaFTMmZ9RyWJmQmyxbVzeO6UEYyUdiUtXKg/JzISGzOLQ9cZEzsxq14u/uf1Uxs1gozLJLVM0uWiKBXQKpi/DkdcM2rFzBFCNXe3QjohmlDrAspDwKsv/yWdmo+Rj2/r1Wa9iKMETsEZuAAYXIEmuAEt0AYU3INH8AxePOU9ea/e27J1zStmTsAveO9fBYqOtQ==</latexit>

b1
<latexit sha1_base64="vEpB8MzNnfAqh0T16gJWm+jwMjg=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrdYJhhuflYaXquZeNBsY15LneAt8EF6QKBVrDysdgFNM0YtJQQbTuYy8xfkaU4VSweXmQapYQOiVj1rdUkohpP1tcO0fnVhmhMFa2pEEL9edERiKtZ1FgOyNiJnrVy8X/vH5qwoafcZmkhkm6XBSmApkY5a+jEVeMGjGzhFDF7a2ITogi1NiA8hDw6st/SafmYs/Ft/Vqs17EUYJTOIMLwHAFTbiBFrSBwj08wjO8OLHz5Lw6b8vWNaeYOYFfcN6/AAcQjrY=</latexit><latexit sha1_base64="vEpB8MzNnfAqh0T16gJWm+jwMjg=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrdYJhhuflYaXquZeNBsY15LneAt8EF6QKBVrDysdgFNM0YtJQQbTuYy8xfkaU4VSweXmQapYQOiVj1rdUkohpP1tcO0fnVhmhMFa2pEEL9edERiKtZ1FgOyNiJnrVy8X/vH5qwoafcZmkhkm6XBSmApkY5a+jEVeMGjGzhFDF7a2ITogi1NiA8hDw6st/SafmYs/Ft/Vqs17EUYJTOIMLwHAFTbiBFrSBwj08wjO8OLHz5Lw6b8vWNaeYOYFfcN6/AAcQjrY=</latexit><latexit sha1_base64="vEpB8MzNnfAqh0T16gJWm+jwMjg=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrdYJhhuflYaXquZeNBsY15LneAt8EF6QKBVrDysdgFNM0YtJQQbTuYy8xfkaU4VSweXmQapYQOiVj1rdUkohpP1tcO0fnVhmhMFa2pEEL9edERiKtZ1FgOyNiJnrVy8X/vH5qwoafcZmkhkm6XBSmApkY5a+jEVeMGjGzhFDF7a2ITogi1NiA8hDw6st/SafmYs/Ft/Vqs17EUYJTOIMLwHAFTbiBFrSBwj08wjO8OLHz5Lw6b8vWNaeYOYFfcN6/AAcQjrY=</latexit><latexit sha1_base64="vEpB8MzNnfAqh0T16gJWm+jwMjg=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrdYJhhuflYaXquZeNBsY15LneAt8EF6QKBVrDysdgFNM0YtJQQbTuYy8xfkaU4VSweXmQapYQOiVj1rdUkohpP1tcO0fnVhmhMFa2pEEL9edERiKtZ1FgOyNiJnrVy8X/vH5qwoafcZmkhkm6XBSmApkY5a+jEVeMGjGzhFDF7a2ITogi1NiA8hDw6st/SafmYs/Ft/Vqs17EUYJTOIMLwHAFTbiBFrSBwj08wjO8OLHz5Lw6b8vWNaeYOYFfcN6/AAcQjrY=</latexit>

b2
<latexit sha1_base64="zrwE+hqk6qhUmvaBVYiK2KFN2sc=">AAAB6nicbVBNSwMxEJ2tX7V+VT16CRbB07IppfZY8OKxov2AdinZNNuGZrNLkhXK0p/gxYMiXv1F3vw3pu2CWn0w8Hhvhpl5QSK4Np736RQ2Nre2d4q7pb39g8Oj8vFJR8epoqxNYxGrXkA0E1yytuFGsF6iGIkCwbrB9Hrhdx+Y0jyW92aWMD8iY8lDTomx0l0wrA7LFc+tNxoYV5Hnekt8E5yTCuRoDcsfg1FM04hJQwXRuo+9xPgZUYZTwealQapZQuiUjFnfUkkipv1seeocXVhlhMJY2ZIGLdWfExmJtJ5Fge2MiJnodW8h/uf1UxM2/IzLJDVM0tWiMBXIxGjxNxpxxagRM0sIVdzeiuiEKEKNTadkQ8DrL/8lnaqLPRff1irNWh5HEc7gHC4BwxU04QZa0AYKY3iEZ3hxhPPkvDpvq9aCk8+cwi84718OHY2X</latexit><latexit sha1_base64="zrwE+hqk6qhUmvaBVYiK2KFN2sc=">AAAB6nicbVBNSwMxEJ2tX7V+VT16CRbB07IppfZY8OKxov2AdinZNNuGZrNLkhXK0p/gxYMiXv1F3vw3pu2CWn0w8Hhvhpl5QSK4Np736RQ2Nre2d4q7pb39g8Oj8vFJR8epoqxNYxGrXkA0E1yytuFGsF6iGIkCwbrB9Hrhdx+Y0jyW92aWMD8iY8lDTomx0l0wrA7LFc+tNxoYV5Hnekt8E5yTCuRoDcsfg1FM04hJQwXRuo+9xPgZUYZTwealQapZQuiUjFnfUkkipv1seeocXVhlhMJY2ZIGLdWfExmJtJ5Fge2MiJnodW8h/uf1UxM2/IzLJDVM0tWiMBXIxGjxNxpxxagRM0sIVdzeiuiEKEKNTadkQ8DrL/8lnaqLPRff1irNWh5HEc7gHC4BwxU04QZa0AYKY3iEZ3hxhPPkvDpvq9aCk8+cwi84718OHY2X</latexit><latexit sha1_base64="zrwE+hqk6qhUmvaBVYiK2KFN2sc=">AAAB6nicbVBNSwMxEJ2tX7V+VT16CRbB07IppfZY8OKxov2AdinZNNuGZrNLkhXK0p/gxYMiXv1F3vw3pu2CWn0w8Hhvhpl5QSK4Np736RQ2Nre2d4q7pb39g8Oj8vFJR8epoqxNYxGrXkA0E1yytuFGsF6iGIkCwbrB9Hrhdx+Y0jyW92aWMD8iY8lDTomx0l0wrA7LFc+tNxoYV5Hnekt8E5yTCuRoDcsfg1FM04hJQwXRuo+9xPgZUYZTwealQapZQuiUjFnfUkkipv1seeocXVhlhMJY2ZIGLdWfExmJtJ5Fge2MiJnodW8h/uf1UxM2/IzLJDVM0tWiMBXIxGjxNxpxxagRM0sIVdzeiuiEKEKNTadkQ8DrL/8lnaqLPRff1irNWh5HEc7gHC4BwxU04QZa0AYKY3iEZ3hxhPPkvDpvq9aCk8+cwi84718OHY2X</latexit><latexit sha1_base64="zrwE+hqk6qhUmvaBVYiK2KFN2sc=">AAAB6nicbVBNSwMxEJ2tX7V+VT16CRbB07IppfZY8OKxov2AdinZNNuGZrNLkhXK0p/gxYMiXv1F3vw3pu2CWn0w8Hhvhpl5QSK4Np736RQ2Nre2d4q7pb39g8Oj8vFJR8epoqxNYxGrXkA0E1yytuFGsF6iGIkCwbrB9Hrhdx+Y0jyW92aWMD8iY8lDTomx0l0wrA7LFc+tNxoYV5Hnekt8E5yTCuRoDcsfg1FM04hJQwXRuo+9xPgZUYZTwealQapZQuiUjFnfUkkipv1seeocXVhlhMJY2ZIGLdWfExmJtJ5Fge2MiJnodW8h/uf1UxM2/IzLJDVM0tWiMBXIxGjxNxpxxagRM0sIVdzeiuiEKEKNTadkQ8DrL/8lnaqLPRff1irNWh5HEc7gHC4BwxU04QZa0AYKY3iEZ3hxhPPkvDpvq9aCk8+cwi84718OHY2X</latexit>

Posterior mean
<latexit sha1_base64="qZyj3x/yk3YYaQY+fFZA0AbfDpI=">AAAB/nicbVC7SgNBFJ2Nrxhfq2JlMxgEq7ArAS0DNpYRzAOSEGYnd5Mh81hmZsWwBPwVGwtFbP0OO//GSbKFJp7qcM693HNPlHBmbBB8e4W19Y3NreJ2aWd3b//APzxqGpVqCg2quNLtiBjgTELDMsuhnWggIuLQisY3M7/1ANowJe/tJIGeIEPJYkaJdVLfP+mKSD1mdWUsaKY0FkDktO+Xg0owB14lYU7KKEe97391B4qmAqSlnBjTCYPE9jKiLaMcpqVuaiAhdEyG0HFUEgGml83jT/G5UwY4dsdjJS2eq783MiKMmYjITQpiR2bZm4n/eZ3Uxte9jMkktSDp4lCccmwVnnWBB0wDtXziCKGauayYjogm1HVhSq6EcPnlVdK8rIRBJbyrlmvVvI4iOkVn6AKF6ArV0C2qowaiKEPP6BW9eU/ei/fufSxGC16+c4z+wPv8AdxclgE=</latexit><latexit sha1_base64="qZyj3x/yk3YYaQY+fFZA0AbfDpI=">AAAB/nicbVC7SgNBFJ2Nrxhfq2JlMxgEq7ArAS0DNpYRzAOSEGYnd5Mh81hmZsWwBPwVGwtFbP0OO//GSbKFJp7qcM693HNPlHBmbBB8e4W19Y3NreJ2aWd3b//APzxqGpVqCg2quNLtiBjgTELDMsuhnWggIuLQisY3M7/1ANowJe/tJIGeIEPJYkaJdVLfP+mKSD1mdWUsaKY0FkDktO+Xg0owB14lYU7KKEe97391B4qmAqSlnBjTCYPE9jKiLaMcpqVuaiAhdEyG0HFUEgGml83jT/G5UwY4dsdjJS2eq783MiKMmYjITQpiR2bZm4n/eZ3Uxte9jMkktSDp4lCccmwVnnWBB0wDtXziCKGauayYjogm1HVhSq6EcPnlVdK8rIRBJbyrlmvVvI4iOkVn6AKF6ArV0C2qowaiKEPP6BW9eU/ei/fufSxGC16+c4z+wPv8AdxclgE=</latexit><latexit sha1_base64="qZyj3x/yk3YYaQY+fFZA0AbfDpI=">AAAB/nicbVC7SgNBFJ2Nrxhfq2JlMxgEq7ArAS0DNpYRzAOSEGYnd5Mh81hmZsWwBPwVGwtFbP0OO//GSbKFJp7qcM693HNPlHBmbBB8e4W19Y3NreJ2aWd3b//APzxqGpVqCg2quNLtiBjgTELDMsuhnWggIuLQisY3M7/1ANowJe/tJIGeIEPJYkaJdVLfP+mKSD1mdWUsaKY0FkDktO+Xg0owB14lYU7KKEe97391B4qmAqSlnBjTCYPE9jKiLaMcpqVuaiAhdEyG0HFUEgGml83jT/G5UwY4dsdjJS2eq783MiKMmYjITQpiR2bZm4n/eZ3Uxte9jMkktSDp4lCccmwVnnWBB0wDtXziCKGauayYjogm1HVhSq6EcPnlVdK8rIRBJbyrlmvVvI4iOkVn6AKF6ArV0C2qowaiKEPP6BW9eU/ei/fufSxGC16+c4z+wPv8AdxclgE=</latexit><latexit sha1_base64="qZyj3x/yk3YYaQY+fFZA0AbfDpI=">AAAB/nicbVC7SgNBFJ2Nrxhfq2JlMxgEq7ArAS0DNpYRzAOSEGYnd5Mh81hmZsWwBPwVGwtFbP0OO//GSbKFJp7qcM693HNPlHBmbBB8e4W19Y3NreJ2aWd3b//APzxqGpVqCg2quNLtiBjgTELDMsuhnWggIuLQisY3M7/1ANowJe/tJIGeIEPJYkaJdVLfP+mKSD1mdWUsaKY0FkDktO+Xg0owB14lYU7KKEe97391B4qmAqSlnBjTCYPE9jKiLaMcpqVuaiAhdEyG0HFUEgGml83jT/G5UwY4dsdjJS2eq783MiKMmYjITQpiR2bZm4n/eZ3Uxte9jMkktSDp4lCccmwVnnWBB0wDtXziCKGauayYjogm1HVhSq6EcPnlVdK8rIRBJbyrlmvVvI4iOkVn6AKF6ArV0C2qowaiKEPP6BW9eU/ei/fufSxGC16+c4z+wPv8AdxclgE=</latexit>

R
ew

ar
d

<latexit sha1_base64="PdRp8QwnuDf4GUOOIvHOT4ugMcg=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgqexKQY8FLx6r2A9ol5LNzrahyWZNstWy9Hd48aCIV3+MN/+NabsHbX0w8Hhvhpl5QcKZNq777RTW1jc2t4rbpZ3dvf2D8uFRS8tUUWhSyaXqBEQDZzE0DTMcOokCIgIO7WB0PfPbY1CayfjeTBLwBRnELGKUGCv5PRHIp+wOHokKp/1yxa26c+BV4uWkgnI0+uWvXihpKiA2lBOtu56bGD8jyjDKYVrqpRoSQkdkAF1LYyJA+9n86Ck+s0qII6lsxQbP1d8TGRFaT0RgOwUxQ73szcT/vG5qois/Y3GSGojpYlGUcmwkniWAQ6aAGj6xhFDF7K2YDoki1NicSjYEb/nlVdK6qHpu1butVeq1PI4iOkGn6Bx56BLV0Q1qoCai6AE9o1f05oydF+fd+Vi0Fpx85hj9gfP5A0Qskl0=</latexit><latexit sha1_base64="PdRp8QwnuDf4GUOOIvHOT4ugMcg=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgqexKQY8FLx6r2A9ol5LNzrahyWZNstWy9Hd48aCIV3+MN/+NabsHbX0w8Hhvhpl5QcKZNq777RTW1jc2t4rbpZ3dvf2D8uFRS8tUUWhSyaXqBEQDZzE0DTMcOokCIgIO7WB0PfPbY1CayfjeTBLwBRnELGKUGCv5PRHIp+wOHokKp/1yxa26c+BV4uWkgnI0+uWvXihpKiA2lBOtu56bGD8jyjDKYVrqpRoSQkdkAF1LYyJA+9n86Ck+s0qII6lsxQbP1d8TGRFaT0RgOwUxQ73szcT/vG5qois/Y3GSGojpYlGUcmwkniWAQ6aAGj6xhFDF7K2YDoki1NicSjYEb/nlVdK6qHpu1butVeq1PI4iOkGn6Bx56BLV0Q1qoCai6AE9o1f05oydF+fd+Vi0Fpx85hj9gfP5A0Qskl0=</latexit><latexit sha1_base64="PdRp8QwnuDf4GUOOIvHOT4ugMcg=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgqexKQY8FLx6r2A9ol5LNzrahyWZNstWy9Hd48aCIV3+MN/+NabsHbX0w8Hhvhpl5QcKZNq777RTW1jc2t4rbpZ3dvf2D8uFRS8tUUWhSyaXqBEQDZzE0DTMcOokCIgIO7WB0PfPbY1CayfjeTBLwBRnELGKUGCv5PRHIp+wOHokKp/1yxa26c+BV4uWkgnI0+uWvXihpKiA2lBOtu56bGD8jyjDKYVrqpRoSQkdkAF1LYyJA+9n86Ck+s0qII6lsxQbP1d8TGRFaT0RgOwUxQ73szcT/vG5qois/Y3GSGojpYlGUcmwkniWAQ6aAGj6xhFDF7K2YDoki1NicSjYEb/nlVdK6qHpu1butVeq1PI4iOkGn6Bx56BLV0Q1qoCai6AE9o1f05oydF+fd+Vi0Fpx85hj9gfP5A0Qskl0=</latexit><latexit sha1_base64="PdRp8QwnuDf4GUOOIvHOT4ugMcg=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgqexKQY8FLx6r2A9ol5LNzrahyWZNstWy9Hd48aCIV3+MN/+NabsHbX0w8Hhvhpl5QcKZNq777RTW1jc2t4rbpZ3dvf2D8uFRS8tUUWhSyaXqBEQDZzE0DTMcOokCIgIO7WB0PfPbY1CayfjeTBLwBRnELGKUGCv5PRHIp+wOHokKp/1yxa26c+BV4uWkgnI0+uWvXihpKiA2lBOtu56bGD8jyjDKYVrqpRoSQkdkAF1LYyJA+9n86Ck+s0qII6lsxQbP1d8TGRFaT0RgOwUxQ73szcT/vG5qois/Y3GSGojpYlGUcmwkniWAQ6aAGj6xhFDF7K2YDoki1NicSjYEb/nlVdK6qHpu1butVeq1PI4iOkGn6Bx56BLV0Q1qoCai6AE9o1f05oydF+fd+Vi0Fpx85hj9gfP5A0Qskl0=</latexit>

r3
<latexit sha1_base64="/OK2YhvlX0FNt2ZP/124HX15zX8=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOnqYXMxLw3LFrV42GhjXkFt1F/gmOCcVyNEalj8GI0XjkElLBTGmj93IegnRllPB5qVBbFhE6JSMWT+lkoTMeMni2jk6S5URCpROS1q0UH9OJCQ0Zhb6aWdI7MSsepn4n9ePbdDwEi6j2DJJl4uCWCCrUPY6GnHNqBWzlBCqeXorohOiCbVpQFkIePXlv6RTq2K3im/rlWY9j6MIJ3AK54DhCppwAy1oA4V7eIRneHGU8+S8Om/L1oKTzxzDLzjvXyKsjsg=</latexit><latexit sha1_base64="/OK2YhvlX0FNt2ZP/124HX15zX8=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOnqYXMxLw3LFrV42GhjXkFt1F/gmOCcVyNEalj8GI0XjkElLBTGmj93IegnRllPB5qVBbFhE6JSMWT+lkoTMeMni2jk6S5URCpROS1q0UH9OJCQ0Zhb6aWdI7MSsepn4n9ePbdDwEi6j2DJJl4uCWCCrUPY6GnHNqBWzlBCqeXorohOiCbVpQFkIePXlv6RTq2K3im/rlWY9j6MIJ3AK54DhCppwAy1oA4V7eIRneHGU8+S8Om/L1oKTzxzDLzjvXyKsjsg=</latexit><latexit sha1_base64="/OK2YhvlX0FNt2ZP/124HX15zX8=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOnqYXMxLw3LFrV42GhjXkFt1F/gmOCcVyNEalj8GI0XjkElLBTGmj93IegnRllPB5qVBbFhE6JSMWT+lkoTMeMni2jk6S5URCpROS1q0UH9OJCQ0Zhb6aWdI7MSsepn4n9ePbdDwEi6j2DJJl4uCWCCrUPY6GnHNqBWzlBCqeXorohOiCbVpQFkIePXlv6RTq2K3im/rlWY9j6MIJ3AK54DhCppwAy1oA4V7eIRneHGU8+S8Om/L1oKTzxzDLzjvXyKsjsg=</latexit><latexit sha1_base64="/OK2YhvlX0FNt2ZP/124HX15zX8=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOnqYXMxLw3LFrV42GhjXkFt1F/gmOCcVyNEalj8GI0XjkElLBTGmj93IegnRllPB5qVBbFhE6JSMWT+lkoTMeMni2jk6S5URCpROS1q0UH9OJCQ0Zhb6aWdI7MSsepn4n9ePbdDwEi6j2DJJl4uCWCCrUPY6GnHNqBWzlBCqeXorohOiCbVpQFkIePXlv6RTq2K3im/rlWY9j6MIJ3AK54DhCppwAy1oA4V7eIRneHGU8+S8Om/L1oKTzxzDLzjvXyKsjsg=</latexit>

b3
<latexit sha1_base64="95rNFRszoVXivHMrJxlsjHVwyDg=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOv4wuZiXhuWKW71sNDCuIbfqLvBNcE4qkKM1LH8MRorGIZOWCmJMH7uR9RKiLaeCzUuD2LCI0CkZs35KJQmZ8ZLFtXN0liojFCidlrRoof6cSEhozCz0086Q2IlZ9TLxP68f26DhJVxGsWWSLhcFsUBWoex1NOKaUStmKSFU8/RWRCdEE2rTgLIQ8OrLf0mnVsVuFd/WK816HkcRTuAUzgHDFTThBlrQBgr38AjP8OIo58l5dd6WrQUnnzmGX3DevwAKHI64</latexit><latexit sha1_base64="95rNFRszoVXivHMrJxlsjHVwyDg=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOv4wuZiXhuWKW71sNDCuIbfqLvBNcE4qkKM1LH8MRorGIZOWCmJMH7uR9RKiLaeCzUuD2LCI0CkZs35KJQmZ8ZLFtXN0liojFCidlrRoof6cSEhozCz0086Q2IlZ9TLxP68f26DhJVxGsWWSLhcFsUBWoex1NOKaUStmKSFU8/RWRCdEE2rTgLIQ8OrLf0mnVsVuFd/WK816HkcRTuAUzgHDFTThBlrQBgr38AjP8OIo58l5dd6WrQUnnzmGX3DevwAKHI64</latexit><latexit sha1_base64="95rNFRszoVXivHMrJxlsjHVwyDg=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOv4wuZiXhuWKW71sNDCuIbfqLvBNcE4qkKM1LH8MRorGIZOWCmJMH7uR9RKiLaeCzUuD2LCI0CkZs35KJQmZ8ZLFtXN0liojFCidlrRoof6cSEhozCz0086Q2IlZ9TLxP68f26DhJVxGsWWSLhcFsUBWoex1NOKaUStmKSFU8/RWRCdEE2rTgLIQ8OrLf0mnVsVuFd/WK816HkcRTuAUzgHDFTThBlrQBgr38AjP8OIo58l5dd6WrQUnnzmGX3DevwAKHI64</latexit><latexit sha1_base64="95rNFRszoVXivHMrJxlsjHVwyDg=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOv4wuZiXhuWKW71sNDCuIbfqLvBNcE4qkKM1LH8MRorGIZOWCmJMH7uR9RKiLaeCzUuD2LCI0CkZs35KJQmZ8ZLFtXN0liojFCidlrRoof6cSEhozCz0086Q2IlZ9TLxP68f26DhJVxGsWWSLhcFsUBWoex1NOKaUStmKSFU8/RWRCdEE2rTgLIQ8OrLf0mnVsVuFd/WK816HkcRTuAUzgHDFTThBlrQBgr38AjP8OIo58l5dd6WrQUnnzmGX3DevwAKHI64</latexit>

X
X

Pooling low and high states expands the set of implementable
posterior mean distributions, yielding larger payoff to the designer.
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Intuition – II

Why not single interval for each signal realization?

r1
<latexit sha1_base64="s7NyjoigT495GTYW2giVAz2JTcE=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrddQww/PysFL13MtGA+Ma8lxvgW+CC1KFAq1h5WMwimkaMWmoIFr3sZcYPyPKcCrYvDxINUsInZIx61sqScS0ny2unaNzq4xQGCtb0qCF+nMiI5HWsyiwnRExE73q5eJ/Xj81YcPPuExSwyRdLgpTgUyM8tfRiCtGjZhZQqji9lZEJ0QRamxAeQh49eW/pFNzsefi23q1WS/iKMEpnMEFYLiCJtxAC9pA4R4e4RlenNh5cl6dt2XrmlPMnMAvOO9fH6COxg==</latexit><latexit sha1_base64="s7NyjoigT495GTYW2giVAz2JTcE=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrddQww/PysFL13MtGA+Ma8lxvgW+CC1KFAq1h5WMwimkaMWmoIFr3sZcYPyPKcCrYvDxINUsInZIx61sqScS0ny2unaNzq4xQGCtb0qCF+nMiI5HWsyiwnRExE73q5eJ/Xj81YcPPuExSwyRdLgpTgUyM8tfRiCtGjZhZQqji9lZEJ0QRamxAeQh49eW/pFNzsefi23q1WS/iKMEpnMEFYLiCJtxAC9pA4R4e4RlenNh5cl6dt2XrmlPMnMAvOO9fH6COxg==</latexit><latexit sha1_base64="s7NyjoigT495GTYW2giVAz2JTcE=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrddQww/PysFL13MtGA+Ma8lxvgW+CC1KFAq1h5WMwimkaMWmoIFr3sZcYPyPKcCrYvDxINUsInZIx61sqScS0ny2unaNzq4xQGCtb0qCF+nMiI5HWsyiwnRExE73q5eJ/Xj81YcPPuExSwyRdLgpTgUyM8tfRiCtGjZhZQqji9lZEJ0QRamxAeQh49eW/pFNzsefi23q1WS/iKMEpnMEFYLiCJtxAC9pA4R4e4RlenNh5cl6dt2XrmlPMnMAvOO9fH6COxg==</latexit><latexit sha1_base64="s7NyjoigT495GTYW2giVAz2JTcE=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrddQww/PysFL13MtGA+Ma8lxvgW+CC1KFAq1h5WMwimkaMWmoIFr3sZcYPyPKcCrYvDxINUsInZIx61sqScS0ny2unaNzq4xQGCtb0qCF+nMiI5HWsyiwnRExE73q5eJ/Xj81YcPPuExSwyRdLgpTgUyM8tfRiCtGjZhZQqji9lZEJ0QRamxAeQh49eW/pFNzsefi23q1WS/iKMEpnMEFYLiCJtxAC9pA4R4e4RlenNh5cl6dt2XrmlPMnMAvOO9fH6COxg==</latexit>

r2
<latexit sha1_base64="AMpvGkd2qobQOqFT12PLf4Ha8gw=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8hWwp2mPBi8cK9gPaUDbbTbt2sxt2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJpxp4/ufztr6xubWdmmnvLu3f3BYOTruaJkqQttEcql6IdaUM0HbhhlOe4miOA457YbT69zvPlClmRR3ZpbQIMZjwSJGsLFSRw2z2rw8rFR977LRQKjm+p6/wDdBBalCgdaw8jEYSZLGVBjCsdZ95CcmyLAyjHA6Lw9STRNMpnhM+5YKHFMdZItr5+65VUZuJJUtYdyF+nMiw7HWszi0nTE2E73q5eJ/Xj81USPImEhSQwVZLopS7hrp5q+7I6YoMXxmCSaK2VtdMsEKE2MDykNAqy//JZ2ah3wP3darzXoRRwlO4QwuAMEVNOEGWtAGAvfwCM/w4kjnyXl13pata04xcwK/4Lx/ASEmjsc=</latexit><latexit sha1_base64="AMpvGkd2qobQOqFT12PLf4Ha8gw=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8hWwp2mPBi8cK9gPaUDbbTbt2sxt2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJpxp4/ufztr6xubWdmmnvLu3f3BYOTruaJkqQttEcql6IdaUM0HbhhlOe4miOA457YbT69zvPlClmRR3ZpbQIMZjwSJGsLFSRw2z2rw8rFR977LRQKjm+p6/wDdBBalCgdaw8jEYSZLGVBjCsdZ95CcmyLAyjHA6Lw9STRNMpnhM+5YKHFMdZItr5+65VUZuJJUtYdyF+nMiw7HWszi0nTE2E73q5eJ/Xj81USPImEhSQwVZLopS7hrp5q+7I6YoMXxmCSaK2VtdMsEKE2MDykNAqy//JZ2ah3wP3darzXoRRwlO4QwuAMEVNOEGWtAGAvfwCM/w4kjnyXl13pata04xcwK/4Lx/ASEmjsc=</latexit><latexit sha1_base64="AMpvGkd2qobQOqFT12PLf4Ha8gw=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8hWwp2mPBi8cK9gPaUDbbTbt2sxt2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJpxp4/ufztr6xubWdmmnvLu3f3BYOTruaJkqQttEcql6IdaUM0HbhhlOe4miOA457YbT69zvPlClmRR3ZpbQIMZjwSJGsLFSRw2z2rw8rFR977LRQKjm+p6/wDdBBalCgdaw8jEYSZLGVBjCsdZ95CcmyLAyjHA6Lw9STRNMpnhM+5YKHFMdZItr5+65VUZuJJUtYdyF+nMiw7HWszi0nTE2E73q5eJ/Xj81USPImEhSQwVZLopS7hrp5q+7I6YoMXxmCSaK2VtdMsEKE2MDykNAqy//JZ2ah3wP3darzXoRRwlO4QwuAMEVNOEGWtAGAvfwCM/w4kjnyXl13pata04xcwK/4Lx/ASEmjsc=</latexit><latexit sha1_base64="AMpvGkd2qobQOqFT12PLf4Ha8gw=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8hWwp2mPBi8cK9gPaUDbbTbt2sxt2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJpxp4/ufztr6xubWdmmnvLu3f3BYOTruaJkqQttEcql6IdaUM0HbhhlOe4miOA457YbT69zvPlClmRR3ZpbQIMZjwSJGsLFSRw2z2rw8rFR977LRQKjm+p6/wDdBBalCgdaw8jEYSZLGVBjCsdZ95CcmyLAyjHA6Lw9STRNMpnhM+5YKHFMdZItr5+65VUZuJJUtYdyF+nMiw7HWszi0nTE2E73q5eJ/Xj81USPImEhSQwVZLopS7hrp5q+7I6YoMXxmCSaK2VtdMsEKE2MDykNAqy//JZ2ah3wP3darzXoRRwlO4QwuAMEVNOEGWtAGAvfwCM/w4kjnyXl13pata04xcwK/4Lx/ASEmjsc=</latexit>

b0
<latexit sha1_base64="TUh965MXrTPlLVgNE+DZdP5qVug=">AAAB7XicbVDLSgMxFM34rPVVdekmWARXQ1KKdllw47KCfUA7lEyaaWMzyZBkhDL0H9y4UMSt/+POvzHTDqjVAxcO59zLvfeEieDGIvTpra1vbG5tl3bKu3v7B4eVo+OOUammrE2VULoXEsMEl6xtuRWsl2hG4lCwbji9zv3uA9OGK3lnZwkLYjKWPOKUWCd1wmGG5uVhpYr8y0YD4xpEPlrgm+CCVEGB1rDyMRgpmsZMWiqIMX2MEhtkRFtOBZuXB6lhCaFTMmZ9RyWJmQmyxbVzeO6UEYyUdiUtXKg/JzISGzOLQ9cZEzsxq14u/uf1Uxs1gozLJLVM0uWiKBXQKpi/DkdcM2rFzBFCNXe3QjohmlDrAspDwKsv/yWdmo+Rj2/r1Wa9iKMETsEZuAAYXIEmuAEt0AYU3INH8AxePOU9ea/e27J1zStmTsAveO9fBYqOtQ==</latexit><latexit sha1_base64="TUh965MXrTPlLVgNE+DZdP5qVug=">AAAB7XicbVDLSgMxFM34rPVVdekmWARXQ1KKdllw47KCfUA7lEyaaWMzyZBkhDL0H9y4UMSt/+POvzHTDqjVAxcO59zLvfeEieDGIvTpra1vbG5tl3bKu3v7B4eVo+OOUammrE2VULoXEsMEl6xtuRWsl2hG4lCwbji9zv3uA9OGK3lnZwkLYjKWPOKUWCd1wmGG5uVhpYr8y0YD4xpEPlrgm+CCVEGB1rDyMRgpmsZMWiqIMX2MEhtkRFtOBZuXB6lhCaFTMmZ9RyWJmQmyxbVzeO6UEYyUdiUtXKg/JzISGzOLQ9cZEzsxq14u/uf1Uxs1gozLJLVM0uWiKBXQKpi/DkdcM2rFzBFCNXe3QjohmlDrAspDwKsv/yWdmo+Rj2/r1Wa9iKMETsEZuAAYXIEmuAEt0AYU3INH8AxePOU9ea/e27J1zStmTsAveO9fBYqOtQ==</latexit><latexit sha1_base64="TUh965MXrTPlLVgNE+DZdP5qVug=">AAAB7XicbVDLSgMxFM34rPVVdekmWARXQ1KKdllw47KCfUA7lEyaaWMzyZBkhDL0H9y4UMSt/+POvzHTDqjVAxcO59zLvfeEieDGIvTpra1vbG5tl3bKu3v7B4eVo+OOUammrE2VULoXEsMEl6xtuRWsl2hG4lCwbji9zv3uA9OGK3lnZwkLYjKWPOKUWCd1wmGG5uVhpYr8y0YD4xpEPlrgm+CCVEGB1rDyMRgpmsZMWiqIMX2MEhtkRFtOBZuXB6lhCaFTMmZ9RyWJmQmyxbVzeO6UEYyUdiUtXKg/JzISGzOLQ9cZEzsxq14u/uf1Uxs1gozLJLVM0uWiKBXQKpi/DkdcM2rFzBFCNXe3QjohmlDrAspDwKsv/yWdmo+Rj2/r1Wa9iKMETsEZuAAYXIEmuAEt0AYU3INH8AxePOU9ea/e27J1zStmTsAveO9fBYqOtQ==</latexit><latexit sha1_base64="TUh965MXrTPlLVgNE+DZdP5qVug=">AAAB7XicbVDLSgMxFM34rPVVdekmWARXQ1KKdllw47KCfUA7lEyaaWMzyZBkhDL0H9y4UMSt/+POvzHTDqjVAxcO59zLvfeEieDGIvTpra1vbG5tl3bKu3v7B4eVo+OOUammrE2VULoXEsMEl6xtuRWsl2hG4lCwbji9zv3uA9OGK3lnZwkLYjKWPOKUWCd1wmGG5uVhpYr8y0YD4xpEPlrgm+CCVEGB1rDyMRgpmsZMWiqIMX2MEhtkRFtOBZuXB6lhCaFTMmZ9RyWJmQmyxbVzeO6UEYyUdiUtXKg/JzISGzOLQ9cZEzsxq14u/uf1Uxs1gozLJLVM0uWiKBXQKpi/DkdcM2rFzBFCNXe3QjohmlDrAspDwKsv/yWdmo+Rj2/r1Wa9iKMETsEZuAAYXIEmuAEt0AYU3INH8AxePOU9ea/e27J1zStmTsAveO9fBYqOtQ==</latexit>

b1
<latexit sha1_base64="vEpB8MzNnfAqh0T16gJWm+jwMjg=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrdYJhhuflYaXquZeNBsY15LneAt8EF6QKBVrDysdgFNM0YtJQQbTuYy8xfkaU4VSweXmQapYQOiVj1rdUkohpP1tcO0fnVhmhMFa2pEEL9edERiKtZ1FgOyNiJnrVy8X/vH5qwoafcZmkhkm6XBSmApkY5a+jEVeMGjGzhFDF7a2ITogi1NiA8hDw6st/SafmYs/Ft/Vqs17EUYJTOIMLwHAFTbiBFrSBwj08wjO8OLHz5Lw6b8vWNaeYOYFfcN6/AAcQjrY=</latexit><latexit sha1_base64="vEpB8MzNnfAqh0T16gJWm+jwMjg=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrdYJhhuflYaXquZeNBsY15LneAt8EF6QKBVrDysdgFNM0YtJQQbTuYy8xfkaU4VSweXmQapYQOiVj1rdUkohpP1tcO0fnVhmhMFa2pEEL9edERiKtZ1FgOyNiJnrVy8X/vH5qwoafcZmkhkm6XBSmApkY5a+jEVeMGjGzhFDF7a2ITogi1NiA8hDw6st/SafmYs/Ft/Vqs17EUYJTOIMLwHAFTbiBFrSBwj08wjO8OLHz5Lw6b8vWNaeYOYFfcN6/AAcQjrY=</latexit><latexit sha1_base64="vEpB8MzNnfAqh0T16gJWm+jwMjg=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrdYJhhuflYaXquZeNBsY15LneAt8EF6QKBVrDysdgFNM0YtJQQbTuYy8xfkaU4VSweXmQapYQOiVj1rdUkohpP1tcO0fnVhmhMFa2pEEL9edERiKtZ1FgOyNiJnrVy8X/vH5qwoafcZmkhkm6XBSmApkY5a+jEVeMGjGzhFDF7a2ITogi1NiA8hDw6st/SafmYs/Ft/Vqs17EUYJTOIMLwHAFTbiBFrSBwj08wjO8OLHz5Lw6b8vWNaeYOYFfcN6/AAcQjrY=</latexit><latexit sha1_base64="vEpB8MzNnfAqh0T16gJWm+jwMjg=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4CtlStMeCF48V7Ae0oWy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jpg2o1QcDj/dmmJkXJIJr43mfztr6xubWdmmnvLu3f3BYOTru6DhVlLVpLGLVC4hmgkvWNtwI1ksUI1EgWDeYXud+94EpzWN5Z2YJ8yMyljzklBgrdYJhhuflYaXquZeNBsY15LneAt8EF6QKBVrDysdgFNM0YtJQQbTuYy8xfkaU4VSweXmQapYQOiVj1rdUkohpP1tcO0fnVhmhMFa2pEEL9edERiKtZ1FgOyNiJnrVy8X/vH5qwoafcZmkhkm6XBSmApkY5a+jEVeMGjGzhFDF7a2ITogi1NiA8hDw6st/SafmYs/Ft/Vqs17EUYJTOIMLwHAFTbiBFrSBwj08wjO8OLHz5Lw6b8vWNaeYOYFfcN6/AAcQjrY=</latexit>

b2
<latexit sha1_base64="zrwE+hqk6qhUmvaBVYiK2KFN2sc=">AAAB6nicbVBNSwMxEJ2tX7V+VT16CRbB07IppfZY8OKxov2AdinZNNuGZrNLkhXK0p/gxYMiXv1F3vw3pu2CWn0w8Hhvhpl5QSK4Np736RQ2Nre2d4q7pb39g8Oj8vFJR8epoqxNYxGrXkA0E1yytuFGsF6iGIkCwbrB9Hrhdx+Y0jyW92aWMD8iY8lDTomx0l0wrA7LFc+tNxoYV5Hnekt8E5yTCuRoDcsfg1FM04hJQwXRuo+9xPgZUYZTwealQapZQuiUjFnfUkkipv1seeocXVhlhMJY2ZIGLdWfExmJtJ5Fge2MiJnodW8h/uf1UxM2/IzLJDVM0tWiMBXIxGjxNxpxxagRM0sIVdzeiuiEKEKNTadkQ8DrL/8lnaqLPRff1irNWh5HEc7gHC4BwxU04QZa0AYKY3iEZ3hxhPPkvDpvq9aCk8+cwi84718OHY2X</latexit><latexit sha1_base64="zrwE+hqk6qhUmvaBVYiK2KFN2sc=">AAAB6nicbVBNSwMxEJ2tX7V+VT16CRbB07IppfZY8OKxov2AdinZNNuGZrNLkhXK0p/gxYMiXv1F3vw3pu2CWn0w8Hhvhpl5QSK4Np736RQ2Nre2d4q7pb39g8Oj8vFJR8epoqxNYxGrXkA0E1yytuFGsF6iGIkCwbrB9Hrhdx+Y0jyW92aWMD8iY8lDTomx0l0wrA7LFc+tNxoYV5Hnekt8E5yTCuRoDcsfg1FM04hJQwXRuo+9xPgZUYZTwealQapZQuiUjFnfUkkipv1seeocXVhlhMJY2ZIGLdWfExmJtJ5Fge2MiJnodW8h/uf1UxM2/IzLJDVM0tWiMBXIxGjxNxpxxagRM0sIVdzeiuiEKEKNTadkQ8DrL/8lnaqLPRff1irNWh5HEc7gHC4BwxU04QZa0AYKY3iEZ3hxhPPkvDpvq9aCk8+cwi84718OHY2X</latexit><latexit sha1_base64="zrwE+hqk6qhUmvaBVYiK2KFN2sc=">AAAB6nicbVBNSwMxEJ2tX7V+VT16CRbB07IppfZY8OKxov2AdinZNNuGZrNLkhXK0p/gxYMiXv1F3vw3pu2CWn0w8Hhvhpl5QSK4Np736RQ2Nre2d4q7pb39g8Oj8vFJR8epoqxNYxGrXkA0E1yytuFGsF6iGIkCwbrB9Hrhdx+Y0jyW92aWMD8iY8lDTomx0l0wrA7LFc+tNxoYV5Hnekt8E5yTCuRoDcsfg1FM04hJQwXRuo+9xPgZUYZTwealQapZQuiUjFnfUkkipv1seeocXVhlhMJY2ZIGLdWfExmJtJ5Fge2MiJnodW8h/uf1UxM2/IzLJDVM0tWiMBXIxGjxNxpxxagRM0sIVdzeiuiEKEKNTadkQ8DrL/8lnaqLPRff1irNWh5HEc7gHC4BwxU04QZa0AYKY3iEZ3hxhPPkvDpvq9aCk8+cwi84718OHY2X</latexit><latexit sha1_base64="zrwE+hqk6qhUmvaBVYiK2KFN2sc=">AAAB6nicbVBNSwMxEJ2tX7V+VT16CRbB07IppfZY8OKxov2AdinZNNuGZrNLkhXK0p/gxYMiXv1F3vw3pu2CWn0w8Hhvhpl5QSK4Np736RQ2Nre2d4q7pb39g8Oj8vFJR8epoqxNYxGrXkA0E1yytuFGsF6iGIkCwbrB9Hrhdx+Y0jyW92aWMD8iY8lDTomx0l0wrA7LFc+tNxoYV5Hnekt8E5yTCuRoDcsfg1FM04hJQwXRuo+9xPgZUYZTwealQapZQuiUjFnfUkkipv1seeocXVhlhMJY2ZIGLdWfExmJtJ5Fge2MiJnodW8h/uf1UxM2/IzLJDVM0tWiMBXIxGjxNxpxxagRM0sIVdzeiuiEKEKNTadkQ8DrL/8lnaqLPRff1irNWh5HEc7gHC4BwxU04QZa0AYKY3iEZ3hxhPPkvDpvq9aCk8+cwi84718OHY2X</latexit>

Posterior mean
<latexit sha1_base64="qZyj3x/yk3YYaQY+fFZA0AbfDpI=">AAAB/nicbVC7SgNBFJ2Nrxhfq2JlMxgEq7ArAS0DNpYRzAOSEGYnd5Mh81hmZsWwBPwVGwtFbP0OO//GSbKFJp7qcM693HNPlHBmbBB8e4W19Y3NreJ2aWd3b//APzxqGpVqCg2quNLtiBjgTELDMsuhnWggIuLQisY3M7/1ANowJe/tJIGeIEPJYkaJdVLfP+mKSD1mdWUsaKY0FkDktO+Xg0owB14lYU7KKEe97391B4qmAqSlnBjTCYPE9jKiLaMcpqVuaiAhdEyG0HFUEgGml83jT/G5UwY4dsdjJS2eq783MiKMmYjITQpiR2bZm4n/eZ3Uxte9jMkktSDp4lCccmwVnnWBB0wDtXziCKGauayYjogm1HVhSq6EcPnlVdK8rIRBJbyrlmvVvI4iOkVn6AKF6ArV0C2qowaiKEPP6BW9eU/ei/fufSxGC16+c4z+wPv8AdxclgE=</latexit><latexit sha1_base64="qZyj3x/yk3YYaQY+fFZA0AbfDpI=">AAAB/nicbVC7SgNBFJ2Nrxhfq2JlMxgEq7ArAS0DNpYRzAOSEGYnd5Mh81hmZsWwBPwVGwtFbP0OO//GSbKFJp7qcM693HNPlHBmbBB8e4W19Y3NreJ2aWd3b//APzxqGpVqCg2quNLtiBjgTELDMsuhnWggIuLQisY3M7/1ANowJe/tJIGeIEPJYkaJdVLfP+mKSD1mdWUsaKY0FkDktO+Xg0owB14lYU7KKEe97391B4qmAqSlnBjTCYPE9jKiLaMcpqVuaiAhdEyG0HFUEgGml83jT/G5UwY4dsdjJS2eq783MiKMmYjITQpiR2bZm4n/eZ3Uxte9jMkktSDp4lCccmwVnnWBB0wDtXziCKGauayYjogm1HVhSq6EcPnlVdK8rIRBJbyrlmvVvI4iOkVn6AKF6ArV0C2qowaiKEPP6BW9eU/ei/fufSxGC16+c4z+wPv8AdxclgE=</latexit><latexit sha1_base64="qZyj3x/yk3YYaQY+fFZA0AbfDpI=">AAAB/nicbVC7SgNBFJ2Nrxhfq2JlMxgEq7ArAS0DNpYRzAOSEGYnd5Mh81hmZsWwBPwVGwtFbP0OO//GSbKFJp7qcM693HNPlHBmbBB8e4W19Y3NreJ2aWd3b//APzxqGpVqCg2quNLtiBjgTELDMsuhnWggIuLQisY3M7/1ANowJe/tJIGeIEPJYkaJdVLfP+mKSD1mdWUsaKY0FkDktO+Xg0owB14lYU7KKEe97391B4qmAqSlnBjTCYPE9jKiLaMcpqVuaiAhdEyG0HFUEgGml83jT/G5UwY4dsdjJS2eq783MiKMmYjITQpiR2bZm4n/eZ3Uxte9jMkktSDp4lCccmwVnnWBB0wDtXziCKGauayYjogm1HVhSq6EcPnlVdK8rIRBJbyrlmvVvI4iOkVn6AKF6ArV0C2qowaiKEPP6BW9eU/ei/fufSxGC16+c4z+wPv8AdxclgE=</latexit><latexit sha1_base64="qZyj3x/yk3YYaQY+fFZA0AbfDpI=">AAAB/nicbVC7SgNBFJ2Nrxhfq2JlMxgEq7ArAS0DNpYRzAOSEGYnd5Mh81hmZsWwBPwVGwtFbP0OO//GSbKFJp7qcM693HNPlHBmbBB8e4W19Y3NreJ2aWd3b//APzxqGpVqCg2quNLtiBjgTELDMsuhnWggIuLQisY3M7/1ANowJe/tJIGeIEPJYkaJdVLfP+mKSD1mdWUsaKY0FkDktO+Xg0owB14lYU7KKEe97391B4qmAqSlnBjTCYPE9jKiLaMcpqVuaiAhdEyG0HFUEgGml83jT/G5UwY4dsdjJS2eq783MiKMmYjITQpiR2bZm4n/eZ3Uxte9jMkktSDp4lCccmwVnnWBB0wDtXziCKGauayYjogm1HVhSq6EcPnlVdK8rIRBJbyrlmvVvI4iOkVn6AKF6ArV0C2qowaiKEPP6BW9eU/ei/fufSxGC16+c4z+wPv8AdxclgE=</latexit>

R
ew

ar
d

<latexit sha1_base64="PdRp8QwnuDf4GUOOIvHOT4ugMcg=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgqexKQY8FLx6r2A9ol5LNzrahyWZNstWy9Hd48aCIV3+MN/+NabsHbX0w8Hhvhpl5QcKZNq777RTW1jc2t4rbpZ3dvf2D8uFRS8tUUWhSyaXqBEQDZzE0DTMcOokCIgIO7WB0PfPbY1CayfjeTBLwBRnELGKUGCv5PRHIp+wOHokKp/1yxa26c+BV4uWkgnI0+uWvXihpKiA2lBOtu56bGD8jyjDKYVrqpRoSQkdkAF1LYyJA+9n86Ck+s0qII6lsxQbP1d8TGRFaT0RgOwUxQ73szcT/vG5qois/Y3GSGojpYlGUcmwkniWAQ6aAGj6xhFDF7K2YDoki1NicSjYEb/nlVdK6qHpu1butVeq1PI4iOkGn6Bx56BLV0Q1qoCai6AE9o1f05oydF+fd+Vi0Fpx85hj9gfP5A0Qskl0=</latexit><latexit sha1_base64="PdRp8QwnuDf4GUOOIvHOT4ugMcg=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgqexKQY8FLx6r2A9ol5LNzrahyWZNstWy9Hd48aCIV3+MN/+NabsHbX0w8Hhvhpl5QcKZNq777RTW1jc2t4rbpZ3dvf2D8uFRS8tUUWhSyaXqBEQDZzE0DTMcOokCIgIO7WB0PfPbY1CayfjeTBLwBRnELGKUGCv5PRHIp+wOHokKp/1yxa26c+BV4uWkgnI0+uWvXihpKiA2lBOtu56bGD8jyjDKYVrqpRoSQkdkAF1LYyJA+9n86Ck+s0qII6lsxQbP1d8TGRFaT0RgOwUxQ73szcT/vG5qois/Y3GSGojpYlGUcmwkniWAQ6aAGj6xhFDF7K2YDoki1NicSjYEb/nlVdK6qHpu1butVeq1PI4iOkGn6Bx56BLV0Q1qoCai6AE9o1f05oydF+fd+Vi0Fpx85hj9gfP5A0Qskl0=</latexit><latexit sha1_base64="PdRp8QwnuDf4GUOOIvHOT4ugMcg=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgqexKQY8FLx6r2A9ol5LNzrahyWZNstWy9Hd48aCIV3+MN/+NabsHbX0w8Hhvhpl5QcKZNq777RTW1jc2t4rbpZ3dvf2D8uFRS8tUUWhSyaXqBEQDZzE0DTMcOokCIgIO7WB0PfPbY1CayfjeTBLwBRnELGKUGCv5PRHIp+wOHokKp/1yxa26c+BV4uWkgnI0+uWvXihpKiA2lBOtu56bGD8jyjDKYVrqpRoSQkdkAF1LYyJA+9n86Ck+s0qII6lsxQbP1d8TGRFaT0RgOwUxQ73szcT/vG5qois/Y3GSGojpYlGUcmwkniWAQ6aAGj6xhFDF7K2YDoki1NicSjYEb/nlVdK6qHpu1butVeq1PI4iOkGn6Bx56BLV0Q1qoCai6AE9o1f05oydF+fd+Vi0Fpx85hj9gfP5A0Qskl0=</latexit><latexit sha1_base64="PdRp8QwnuDf4GUOOIvHOT4ugMcg=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgqexKQY8FLx6r2A9ol5LNzrahyWZNstWy9Hd48aCIV3+MN/+NabsHbX0w8Hhvhpl5QcKZNq777RTW1jc2t4rbpZ3dvf2D8uFRS8tUUWhSyaXqBEQDZzE0DTMcOokCIgIO7WB0PfPbY1CayfjeTBLwBRnELGKUGCv5PRHIp+wOHokKp/1yxa26c+BV4uWkgnI0+uWvXihpKiA2lBOtu56bGD8jyjDKYVrqpRoSQkdkAF1LYyJA+9n86Ck+s0qII6lsxQbP1d8TGRFaT0RgOwUxQ73szcT/vG5qois/Y3GSGojpYlGUcmwkniWAQ6aAGj6xhFDF7K2YDoki1NicSjYEb/nlVdK6qHpu1butVeq1PI4iOkGn6Bx56BLV0Q1qoCai6AE9o1f05oydF+fd+Vi0Fpx85hj9gfP5A0Qskl0=</latexit>

r3
<latexit sha1_base64="/OK2YhvlX0FNt2ZP/124HX15zX8=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOnqYXMxLw3LFrV42GhjXkFt1F/gmOCcVyNEalj8GI0XjkElLBTGmj93IegnRllPB5qVBbFhE6JSMWT+lkoTMeMni2jk6S5URCpROS1q0UH9OJCQ0Zhb6aWdI7MSsepn4n9ePbdDwEi6j2DJJl4uCWCCrUPY6GnHNqBWzlBCqeXorohOiCbVpQFkIePXlv6RTq2K3im/rlWY9j6MIJ3AK54DhCppwAy1oA4V7eIRneHGU8+S8Om/L1oKTzxzDLzjvXyKsjsg=</latexit><latexit sha1_base64="/OK2YhvlX0FNt2ZP/124HX15zX8=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOnqYXMxLw3LFrV42GhjXkFt1F/gmOCcVyNEalj8GI0XjkElLBTGmj93IegnRllPB5qVBbFhE6JSMWT+lkoTMeMni2jk6S5URCpROS1q0UH9OJCQ0Zhb6aWdI7MSsepn4n9ePbdDwEi6j2DJJl4uCWCCrUPY6GnHNqBWzlBCqeXorohOiCbVpQFkIePXlv6RTq2K3im/rlWY9j6MIJ3AK54DhCppwAy1oA4V7eIRneHGU8+S8Om/L1oKTzxzDLzjvXyKsjsg=</latexit><latexit sha1_base64="/OK2YhvlX0FNt2ZP/124HX15zX8=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOnqYXMxLw3LFrV42GhjXkFt1F/gmOCcVyNEalj8GI0XjkElLBTGmj93IegnRllPB5qVBbFhE6JSMWT+lkoTMeMni2jk6S5URCpROS1q0UH9OJCQ0Zhb6aWdI7MSsepn4n9ePbdDwEi6j2DJJl4uCWCCrUPY6GnHNqBWzlBCqeXorohOiCbVpQFkIePXlv6RTq2K3im/rlWY9j6MIJ3AK54DhCppwAy1oA4V7eIRneHGU8+S8Om/L1oKTzxzDLzjvXyKsjsg=</latexit><latexit sha1_base64="/OK2YhvlX0FNt2ZP/124HX15zX8=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOnqYXMxLw3LFrV42GhjXkFt1F/gmOCcVyNEalj8GI0XjkElLBTGmj93IegnRllPB5qVBbFhE6JSMWT+lkoTMeMni2jk6S5URCpROS1q0UH9OJCQ0Zhb6aWdI7MSsepn4n9ePbdDwEi6j2DJJl4uCWCCrUPY6GnHNqBWzlBCqeXorohOiCbVpQFkIePXlv6RTq2K3im/rlWY9j6MIJ3AK54DhCppwAy1oA4V7eIRneHGU8+S8Om/L1oKTzxzDLzjvXyKsjsg=</latexit>

b3
<latexit sha1_base64="95rNFRszoVXivHMrJxlsjHVwyDg=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOv4wuZiXhuWKW71sNDCuIbfqLvBNcE4qkKM1LH8MRorGIZOWCmJMH7uR9RKiLaeCzUuD2LCI0CkZs35KJQmZ8ZLFtXN0liojFCidlrRoof6cSEhozCz0086Q2IlZ9TLxP68f26DhJVxGsWWSLhcFsUBWoex1NOKaUStmKSFU8/RWRCdEE2rTgLIQ8OrLf0mnVsVuFd/WK816HkcRTuAUzgHDFTThBlrQBgr38AjP8OIo58l5dd6WrQUnnzmGX3DevwAKHI64</latexit><latexit sha1_base64="95rNFRszoVXivHMrJxlsjHVwyDg=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOv4wuZiXhuWKW71sNDCuIbfqLvBNcE4qkKM1LH8MRorGIZOWCmJMH7uR9RKiLaeCzUuD2LCI0CkZs35KJQmZ8ZLFtXN0liojFCidlrRoof6cSEhozCz0086Q2IlZ9TLxP68f26DhJVxGsWWSLhcFsUBWoex1NOKaUStmKSFU8/RWRCdEE2rTgLIQ8OrLf0mnVsVuFd/WK816HkcRTuAUzgHDFTThBlrQBgr38AjP8OIo58l5dd6WrQUnnzmGX3DevwAKHI64</latexit><latexit sha1_base64="95rNFRszoVXivHMrJxlsjHVwyDg=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOv4wuZiXhuWKW71sNDCuIbfqLvBNcE4qkKM1LH8MRorGIZOWCmJMH7uR9RKiLaeCzUuD2LCI0CkZs35KJQmZ8ZLFtXN0liojFCidlrRoof6cSEhozCz0086Q2IlZ9TLxP68f26DhJVxGsWWSLhcFsUBWoex1NOKaUStmKSFU8/RWRCdEE2rTgLIQ8OrLf0mnVsVuFd/WK816HkcRTuAUzgHDFTThBlrQBgr38AjP8OIo58l5dd6WrQUnnzmGX3DevwAKHI64</latexit><latexit sha1_base64="95rNFRszoVXivHMrJxlsjHVwyDg=">AAAB7XicbVBNSwMxEJ2tX7V+VT16CRbBU9nUoj0WvHisYD+gXUo2zbax2WRJskJZ+h+8eFDEq//Hm//G3XZBrT4YeLw3w8w8PxLcWNf9dApr6xubW8Xt0s7u3v5B+fCoY1SsKWtTJZTu+cQwwSVrW24F60WakdAXrOtPrzO/+8C04Ure2VnEvJCMJQ84JTaVOv4wuZiXhuWKW71sNDCuIbfqLvBNcE4qkKM1LH8MRorGIZOWCmJMH7uR9RKiLaeCzUuD2LCI0CkZs35KJQmZ8ZLFtXN0liojFCidlrRoof6cSEhozCz0086Q2IlZ9TLxP68f26DhJVxGsWWSLhcFsUBWoex1NOKaUStmKSFU8/RWRCdEE2rTgLIQ8OrLf0mnVsVuFd/WK816HkcRTuAUzgHDFTThBlrQBgr38AjP8OIo58l5dd6WrQUnnzmGX3DevwAKHI64</latexit>

X
X

Pooling low and high states expands the set of implementable
posterior mean distributions, yielding larger payoff to the designer.

14



Constructing an optimal partition

I Partitioning problem decouples over subintervals of the state
space with at most two mass points each.

I It is straightforward to partition each interval into two partition
elements yielding the double interval structure:

<latexit sha1_base64="tcv/A5wn7xILz4itqD8DC4CAyPQ=">AAAB7nicbVDLSgNBEOyNrxhfUY9eBoPgQcJuCOox4EVvEcwDkiXMTibJmNnZZaZXCEs+wosHRbz6Pd78GyfJHjSxoKGo6qa7K4ilMOi6305ubX1jcyu/XdjZ3ds/KB4eNU2UaMYbLJKRbgfUcCkUb6BAydux5jQMJG8F45uZ33ri2ohIPeAk5n5Ih0oMBKNopdZdL328qEx7xZJbducgq8TLSAky1HvFr24/YknIFTJJjel4box+SjUKJvm00E0Mjykb0yHvWKpoyI2fzs+dkjOr9Mkg0rYUkrn6eyKloTGTMLCdIcWRWfZm4n9eJ8HBtZ8KFSfIFVssGiSSYERmv5O+0JyhnFhCmRb2VsJGVFOGNqGCDcFbfnmVNCtl77Jcva+Wam4WRx5O4BTOwYMrqMEt1KEBDMbwDK/w5sTOi/PufCxac042cwx/4Hz+ALh0jx8=</latexit>

Ij,2

<latexit sha1_base64="92Yfc1qJ5cW4rha3Uc55i4GcINI=">AAACF3icbVBLSwMxGMzWV62vqkcvwSJ4kHW3FPUiFETQW4W+YLss2TTbxmazS5IV6rr/wot/xYsHRbzqzX9j+jho60DIMPN9JDN+zKhUlvVt5BYWl5ZX8quFtfWNza3i9k5TRonApIEjFom2jyRhlJOGooqRdiwICn1GWv7gYuS37oiQNOJ1NYyJG6IepwHFSGnJK5qdEKm+76eXmVOHD7DeoRxee+ntUTlz4Tm8n9DjeHJ7xZJlWmPAeWJPSQlMUfOKX51uhJOQcIUZktKxrVi5KRKKYkayQieRJEZ4gHrE0ZSjkEg3HefK4IFWujCIhD5cwbH6eyNFoZTD0NeToxRy1huJ/3lOooIzN6U8ThThePJQkDCoIjgqCXapIFixoSYIC6r/CnEfCYSVrrKgS7BnI8+TZtm0T8zKTaVUtaZ15MEe2AeHwAanoAquQA00AAaP4Bm8gjfjyXgx3o2PyWjOmO7sgj8wPn8AY3CeIA==</latexit>

E[T |T 2 Ij,2] = zj,2/pj,2

<latexit sha1_base64="vosyiNWNf3b9CFCBn9gkCzRsues=">AAACC3icbZDLSsNAFIYn9VbrLerSzdAiVJCSlKJuhIIb3VXoDZoQJtNJO3YyCTMToYTu3fgqblwo4tYXcOfbOGmz0OoPAx//OYc55/djRqWyrC+jsLK6tr5R3Cxtbe/s7pn7B10ZJQKTDo5YJPo+koRRTjqKKkb6sSAo9Bnp+ZOrrN67J0LSiLfVNCZuiEacBhQjpS3PLDshUmPfT1uzatuhHN546d1pfXYCL2G8QM+sWDVrLvgX7BwqIFfLMz+dYYSTkHCFGZJyYFuxclMkFMWMzEpOIkmM8ASNyEAjRyGRbjq/ZQaPtTOEQST04wrO3Z8TKQqlnIa+7sw2l8u1zPyvNkhUcOGmlMeJIhwvPgoSBlUEs2DgkAqCFZtqQFhQvSvEYyQQVjq+kg7BXj75L3TrNfus1rhtVJpWHkcRHIEyqAIbnIMmuAYt0AEYPIAn8AJejUfj2Xgz3hetBSOfOQS/ZHx8A6HLmXQ=</latexit>

P(T 2 Ij,2) = pj,2

<latexit sha1_base64="uyNzX0fUOgpKP+QHrZmJr2Jt62Y=">AAAB7HicbVBNS8NAFHypX7V+VT16WSyCp5KoqMeiF48VjC20oWy2m3bpZhN2X4QS+hu8eFDEqz/Im//GbZuDtg4sDDNv2PcmTKUw6LrfTmlldW19o7xZ2dre2d2r7h88miTTjPsskYluh9RwKRT3UaDk7VRzGoeSt8LR7dRvPXFtRKIecJzyIKYDJSLBKFrJ7/YTNL1qza27M5Bl4hWkBgWaveqXzbEs5gqZpMZ0PDfFIKcaBZN8UulmhqeUjeiAdyxVNOYmyGfLTsiJVfokSrR9CslM/Z3IaWzMOA7tZExxaBa9qfif18kwug5yodIMuWLzj6JMEkzI9HLSF5ozlGNLKNPC7krYkGrK0PZTsSV4iycvk8ezundZP7+/qDVuijrKcATHcAoeXEED7qAJPjAQ8Ayv8OYo58V5dz7moyWnyBzCHzifP/QEjso=</latexit>. . .<latexit sha1_base64="uyNzX0fUOgpKP+QHrZmJr2Jt62Y=">AAAB7HicbVBNS8NAFHypX7V+VT16WSyCp5KoqMeiF48VjC20oWy2m3bpZhN2X4QS+hu8eFDEqz/Im//GbZuDtg4sDDNv2PcmTKUw6LrfTmlldW19o7xZ2dre2d2r7h88miTTjPsskYluh9RwKRT3UaDk7VRzGoeSt8LR7dRvPXFtRKIecJzyIKYDJSLBKFrJ7/YTNL1qza27M5Bl4hWkBgWaveqXzbEs5gqZpMZ0PDfFIKcaBZN8UulmhqeUjeiAdyxVNOYmyGfLTsiJVfokSrR9CslM/Z3IaWzMOA7tZExxaBa9qfif18kwug5yodIMuWLzj6JMEkzI9HLSF5ozlGNLKNPC7krYkGrK0PZTsSV4iycvk8ezundZP7+/qDVuijrKcATHcAoeXEED7qAJPjAQ8Ayv8OYo58V5dz7moyWnyBzCHzifP/QEjso=</latexit>. . .<latexit sha1_base64="WoFzuc3mIg9tSTiR+swzkKhY/Lc=">AAAB73icbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeCF48V+gVtKJvtpl262cTdiVBC/4QXD4p49e9489+4bXPQ1gcDj/dmmJkXJFIYdN1vp7CxubW9U9wt7e0fHB6Vj0/aJk414y0Wy1h3A2q4FIq3UKDk3URzGgWSd4LJ3dzvPHFtRKyaOE24H9GREqFgFK3UzfqMStKcDcoVt+ouQNaJl5MK5GgMyl/9YczSiCtkkhrT89wE/YxqFEzyWamfGp5QNqEj3rNU0YgbP1vcOyMXVhmSMNa2FJKF+nsio5Ex0yiwnRHFsVn15uJ/Xi/F8NbPhEpS5IotF4WpJBiT+fNkKDRnKKeWUKaFvZWwMdWUoY2oZEPwVl9eJ+2rqnddrT3UKnU3j6MIZ3AOl+DBDdThHhrQAgYSnuEV3pxH58V5dz6WrQUnnzmFP3A+fwC7Po+5</latexit>T
<latexit sha1_base64="c2knIaZRi8VZGMggvM1yYsx2rTQ=">AAAB6nicbVDLSgNBEOyNrxhfUY9eBoPgKexKUI9BL3qLaB6QLGF2MknGzM4uM71CWPIJXjwo4tUv8ubfOEn2oIkFDUVVN91dQSyFQdf9dnIrq2vrG/nNwtb2zu5ecf+gYaJEM15nkYx0K6CGS6F4HQVK3oo1p2EgeTMYXU/95hPXRkTqAccx90M6UKIvGEUr3d92H7vFklt2ZyDLxMtICTLUusWvTi9iScgVMkmNaXtujH5KNQom+aTQSQyPKRvRAW9bqmjIjZ/OTp2QE6v0SD/SthSSmfp7IqWhMeMwsJ0hxaFZ9Kbif147wf6lnwoVJ8gVmy/qJ5JgRKZ/k57QnKEcW0KZFvZWwoZUU4Y2nYINwVt8eZk0zsreeblyVylVr7I48nAEx3AKHlxAFW6gBnVgMIBneIU3RzovzrvzMW/NOdnMIfyB8/kDHWiNsw==</latexit>

Ij

I Both the decoupling result, and the partition structure generalize
to richer settings (laminar partitions).

I Question: Multi-dimensional analogue?

15



Optimality of Double Intervals: Implications
Theorem: Optimal mechanism admits a double interval structure, and
can be obtained using the convex program and a recursive algorithm.

k=4

k=31

k=12

k=21

k=33

k=43
k=48

I Optimal mechanism for a Facebook subnetwork w/ 4039 nodes

16



Partial information about the network

I What if the designer does not know the network perfectly?

I The approach relies on knowing only the cardinalities of cores. If
cores can be characterized, similar approach can still be used.

I (Approximate) characterization of cores when limited
information about network is available?
I It turns out that knowing only the degree dist. suffices!

17



Partial information about the network

A random graph model:

I Let {d(n)
i }ni=1 be a degree sequence with n nodes.

I Gn is a uniform draw from set of networks w/ this deg. sequence

I ρ := {ρk} is a degree distribution s.t. |{i|d
(n)
i =k}|
n → ρk.

Notation: Let Bli(θ) :=
(
l
i

)
θi(1− θ)l−i. Define:

I hk(x) :=
∑∞
i=k

∑∞
l=i iρlBli(x)

I hk1(x) :=
∑∞
i=k

∑∞
l=i ρlBli(x)

I Let λ :=
∑
l lρl, and xk denote the largest x ≤ 1 such that

λx2 = hk(x).

18
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Large networks and Cores – II

Theorem (Janson and Luczak 2007):

1. If xk = 0 then rk(n) = oP (n).

2. If xk > 0 and λx2 < hk(x) for x ∈ (xk − ε, xk) and some ε > 0,
then rk(n)

n

p→ hk1(xk).

Implications:

I Set r̂k = hk1(xk). Theorem implies that r̂k fraction of nodes in
the k-core (asymptotically)

I Let k̄ denote the largest k for which xk > 0. Replace the
objective of (OPT) with

∑k̄
k=0 pkr̂k.

I Denote by π̂ the public mechanism constructed via the optimal
solution of this problem, and the algorithm.

19



Asymptotically optimal mechanisms
π(n): optimal mechanism that uses complete network information.
A(π,G): Designer’s payoff under mech. π in network G.

Theorem: A(π̂,Gn)
A(π(n),Gn)

p→ 1.

Takeaway: Degree distribution suffices for constructing asymptotically
optimal mechanisms.

Solid line: π(n), dashed line: π̂. ρl = c 1
lα for l ∈ {dmin, . . . , dmax}.

20



Network Structure and Persuasion

I Are some networks more amenable to persuasion than others?

I What is the impact of the network structure on the payoff of the
designer?

I We focus on:
I Role of assortativity
I Role of the degree sequence

21



Role of Assortativity

I Consider G1, G2 consistent with degree seq. {di}, and the
corresponding opt. mech. π1 and π2.
I Edges are wired differently in G1, G2. When is the

designer’s payoff larger?

I Assortativity coefficient: Pearson correlation coef. of degree
between pairs of linked nodes.

I Perfectly assortative (corr= 1): Neighbors of degree d agent also
have degree d.

Theorem: If G1 is perfectly assortative, then A(π1, G1) ≥ A(π2, G2).

22



Role of Assortativity – II

Let dH = 40, dL = 20 and 500 nodes with each degree. Suppose d
connections are to the agents of the opposite type. Consider a
uniform draw from set of all such networks.

0.0 2.5 5.0 7.5 10.0 12.5 15.0 17.5 20.0
d

0.40

0.41

0.42

0.43

0.44

0.45

Ex
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ct

iv
ity

 le
ve

l /
n

Takeaway: Assortative networks are more amenable to persuasion.
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Role of the Degree Sequence

I Consider deg. seq. d1 = {d1
i }, d2 = {d2

i }, and corresponding
networks G1 and G2 and opt. mech. π1, π2.

I Assume d1 � d2, i.e., ∀k we have |{i|d1
i ≥ k}| ≥ |{i|d2

i ≥ k}|.
I (After relabeling) each node has larger degree under d1.

I Intuitively, in G1 network externalities are stronger, and hence
the designer should have a larger payoff.

Theorem: A(π1, G1) ≥ A(π2, G2) for perfectly assortative G1, G2.

The result is not necessarily true w/o perfect assortativity!
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Role of the Degree Sequence – II

I Suppose 0.5− ζ fraction of nodes have degree dL = 10, ζ fraction
have degree dM = 20, 0.5 fraction have degree dH = 50.

I The deg. sequence for larger ζ “dominates”.

I Consider a uniform draw from the set of all such networks.
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Role of the Degree Sequence – II

Intuition: As ζ increases cardinalities of k-cores for k ≤ 20 increase
and cardinalities of k-cores for k > 20 decrease.

0 10 20 30 40 50
Core

0

200

400

600

800

1000
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rd
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ity

= 0.00
= 0.33
= 0.50
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Conclusions

Optimal public signals characterized in terms of graph cores

I Set of possible signal realizations = set of distinct cores

I When the signal realization is k, the k-core takes action 1

Optimal mechanism exhibits a double-interval structure:

I A convex programming formulation + an algorithm to construct
the optimal mechanism

I Applicable (well) beyond network persuasion settings

Asymptotically optimal mechanisms for large random networks

Degree assortativity makes networks more amenable to persuasion
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Questions?
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